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Fig. 1.  Block diagram of the proposed MU-MIMO system, s is the data of 1st 
user and z is the data of 2nd user. 
  
It is important to note that, diversity has become recognised as 
a key communication approach when seeking to enhance the 
performance of wireless systems without incurring significant 
expense [10] [11]. Diversity, in essence, may be achieved at 
the transmitter and/or the receiver side [10]. However, should 
diversity be received in an instance of downlink, there will be 
a notably high consumption of power, owing to the fact that 
the majority of computational burden is assigned to the mobile 
side. Accordingly, a non-complex decoding processing can be 
achieved at the mobile side through the base station-located 
application of STBC [10] [12] [13] [14]. 
The primary and most well-recognised diversity is identified 
as the STBC, which has come to be accepted as a powerful 
and extremely valuable diversity approach in overcoming the 
effects of wireless channel fading. In this regard, the Alamouti 
scheme is seen to be a complicated orthogonal STBC; this 
affords simplistic decoding and encoding processing at the 
receiver and transmitter side, respectively. This was originally 
devised and presented by Alamouti [15]. In an effort to 
decrease error performance degradation levels in mobile units 
and accordingly attain greater improvements in wireless links, 
the Alamouti scheme can be combined with beamforming 
precoding [16] [17] [18] [19]. Beamforming scheme based on 
BD technology combined with STBC enables the multi-user 
MIMO (MU-MIMO) system to provide good QoS, thereby 
absorbing more users, and makes it promising to address the 
5G requirement of massive connectivity, specifically in the 
Internet of things (IoT) and massive machine-type 
communications (mMTC) scenarios, which are considered as 
types of 5G application scenarios [20]. In these scenarios, 
users may be low-cost sensors deployed in a small area, where 
both the line-of-sight (LoS) and the non-line-of-sight (NLoS) 
exist, which can be better modeled by the Rician fading 
channel. In [21] and [22], 5G cellular systems on MU-MIMO 
transmitters use linear precoding. In this report, the system 
performance within regards to the Alamouti scheme undergoes 
both analysis and evaluation, with BD precoding applied when 
there is the presence of CSI. Furthermore, the performance of 
an MU-MIMO beamforming system, alongside the utilisation 
of BD with the extended Alamouti scheme, is discussed, with 
the signal in the NLoS setting transmitted (Rayleigh fading 
channel) as well as in the LoS environment (correlated 
realistic Rician fading channel).  
The superscripts(·)T, (·)∗ and (·)H denote transpose, complex 
conjugate, and Hermitian operations, respectively. 
 
II.  ALAMOUTI CODING 
The Alamouti code is recognised as being the first and most 
widely known STBC, and is described as being a complicated 
orthogonal spice-time-code most applicable in the case of two 
transmits antennas [15].  
Primarily, the Alamouti space-time-coding approach is 
taken into account, with generalisation in relation to the three 
transmits antennas then considered [23].  
a. Alamouti Space-Time Code 
Alamouti designed and presented a complicated orthogonal 
space-time block code for two transmit antennas [15]. In the 
case of the Alamouti encoder, there is the encoding of 
𝑠𝑠1 and 𝑠𝑠2 , notably two consecutive symbols complete with the 
space-time codeword matrix outlined below: 
 
𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎 = [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
]                               (1) 
As can be seen when reviewing the equation (1), there is the 
transmission of the Alamouti encoded signal from the two 
transmit antennas over the two different symbol periods. 
Throughout the preliminary symbol period, 𝑠𝑠1 and 𝑠𝑠2 are 
transmitted at the same time from the two transmit antennas. 
Throughout the secondary period, there is the repeated 
transmission of the symbols, with the first transmit antenna 
transmitting −𝑠𝑠2∗ whilst the second transmit antenna 
transmits 𝑠𝑠1∗.  
b. Extended Alamouti  
As it has been discussed in other works [24], the Alamouti 
scheme has the underpinning foundation of extension, which 
is seen to derive through extension for 4x1-diversity order. In 
this case, it is further extended in mind of the 3x3-diversity 
order [10]. Accordingly, it is necessary to take into account 
the block diagram representation depicted in the Fig. 2 below, 
which shows the extended Alamouti code for 3 transmit 
antennas and 3 receive antennas over the eight different 
symbol periods for four symbols s1, s2, s3 and  s4. 
 
𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎 =
[
 𝑠𝑠1  −𝑠𝑠2   −𝑠𝑠3  −𝑠𝑠4  −𝑠𝑠1∗      𝑠𝑠2∗  𝑠𝑠3∗    𝑠𝑠4∗
 𝑠𝑠2     𝑠𝑠1       𝑠𝑠4  −𝑠𝑠3     𝑠𝑠2∗      𝑠𝑠1∗  𝑠𝑠4∗    𝑠𝑠3∗
 𝑠𝑠3  −𝑠𝑠4       𝑠𝑠1     𝑠𝑠2   −𝑠𝑠3∗   −𝑠𝑠4∗   𝑠𝑠1∗    𝑠𝑠2∗
]  (2) 
 
 
  Abstract— Wireless communication faces a number of 
adversities and obstacles as a result of fading and co-channel 
interference (CCI). Diversity with beamformer techniques may 
be used to mitigate degradation in the system performance. 
Alamouti space-time-block-code (STBC) is a strong scheme 
focused on accomplishing spatial diversity at the transmitter, 
which needs a straightforward linear processing in the receiver. 
Also, high bit-error-rate (BER) performance can be achieved by 
using the multiple-input multiple-output (MIMO) system with 
beamforming technology. This approach is particularly useful for 
CCI suppression. Exploiting the channel state information (CSI) 
at the transmitter can improve the STBC through the use of a 
beamforming precoding. In this paper, we propose the 
combination between Alamouti STBC and block diagonalization 
(BD) for downlink multi-user MIMO system. Also, this paper 
evaluates the system performance improvement of the extended 
Alamouti scheme, with the implementation of BD precoding over 
a Rayleigh and Rician channel. Simulation results show that the 
combined system has performance better than the performance 
of beamforming system. Also, it shows that the combined system 
performance of extended Alamouti outperforms the combined 
system performance without extended Alamouti. Furthermore, 
numerical results confirm that the Rician channel can 
significantly improve the combined system performance. 
 
Index Terms— Fading, CCI, STBC, Alamouti, MIMO, 
Beamforming, BD, CSI. 
 
I. INTRODUCTION 
oday’s wireless network’s customers need to more quality 
of service (QoS). Therefore, fifth generation (5G) of 
wireless networks promises to deliver that and much more. It 
is highly expected that future 5G networks should achieve a 
10-fold increase in connection density, i.e., 106connections 
per square kilometers [1] and increase in the volume of mobile 
traffic, e.g., beyond a 500-1000-fold increase in mobile traffic 
[2]. Unfortunately, the current radio access technology, within 
the limited available time/frequency spectrum, is facing 
challenges to meet the requirements of technological advances 
presented by the 5G network. Therefore, new solutions must 
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be identified and developed that can make significant gains in 
capacity and QoS for network customers to ensure continued 
sustainability of radio access technologies. To date, 5G is still 
being studied; and research groups and companies are working 
together to determine the exact nature of 5G. On the other 
hand, it is not yet clear which technologies will do the most 
for 5G in the long run, but a few early favorites have emerged. 
The front-runners include beamforming technology. At once, 
it is possible to achieve signal-to-noise-plus-interference-ratio 
(SINR) improvements through the adoption of beamforming 
precoding at the transmit side [3]. There is the potential to 
utilise a block diagonalization (BD) initiative to design 
transmitting beamforming vectors without any degree of 
complexity. One such approach is to secure a precoding 
matrix for all mobile stations. This type of matrix will lie in 
the null spaces of other mobile stations’ channel matrix, and 
thus, the beamforming approach may be seen to depend on 
each mobile station’s spatial data [4]. Unfortunately, the 
desired power of the received signal will be decreased. The 
BD algorithm that supports multiple-stream transmissions for 
multi-user MIMO (MU-MIMO) systems, in which every user 
has several antennas trying to connect with the base station, 
can eliminate the co-channel interference (CCI) completely 
[5]. When no information concerning the channel state 
information (CSI) is held by a MIMO system sender, spatial 
multiplexing and multi-user diversity are not possible [6]. 
Additional profits can accrue when the CSI at the transmitter 
is available and using a MIMO system with a liner precoding 
technique [7]. If all mobile stations’ channel state information 
is available in the transmitter, the precoder would then have 
the ability to completely remove CCI. By removing CCI, each 
user can communicate with the transmitter over an 
interference-free way, as single-user channel [3]. Therefore, 
through an imperfect feedback channel, reconnaissance of 
limited CSI and employment of CSI are critical points for a 
MIMO system [8]. CSI is very important, because when it is 
fully available at the base station, the MIMO system performs 
best in numerous ways via using the precoding method. For 
example, to mitigate symbol interference, precoding can be 
used with spatial diversity and spatial multiplexing provided 
by the MIMO system. Besides high gain coding, if space-time-
block-code (STBC) can be combined with precoding, 
maximum gain diversity is available [9]. Owing to the use of 
wireless fading channels, it is common for error performance 
to demonstrate further degradation in terms of the wireless 
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Fig. 1.  Block diagram of the proposed MU-MIMO system, s is the data of 1st 
user and z is the data of 2nd user. 
  
It is important to note that, diversity has become recognised as 
a key communication approach when seeking to enhance the 
performance of wireless systems without incurring significant 
expense [10] [11]. Diversity, in essence, may be achieved at 
the transmitter and/or the receiver side [10]. However, should 
diversity be received in an instance of downlink, there will be 
a notably high consumption of power, owing to the fact that 
the majority of computational burden is assigned to the mobile 
side. Accordingly, a non-complex decoding processing can be 
achieved at the mobile side through the base station-located 
application of STBC [10] [12] [13] [14]. 
The primary and most well-recognised diversity is identified 
as the STBC, which has come to be accepted as a powerful 
and extremely valuable diversity approach in overcoming the 
effects of wireless channel fading. In this regard, the Alamouti 
scheme is seen to be a complicated orthogonal STBC; this 
affords simplistic decoding and encoding processing at the 
receiver and transmitter side, respectively. This was originally 
devised and presented by Alamouti [15]. In an effort to 
decrease error performance degradation levels in mobile units 
and accordingly attain greater improvements in wireless links, 
the Alamouti scheme can be combined with beamforming 
precoding [16] [17] [18] [19]. Beamforming scheme based on 
BD technology combined with STBC enables the multi-user 
MIMO (MU-MIMO) system to provide good QoS, thereby 
absorbing more users, and makes it promising to address the 
5G requirement of massive connectivity, specifically in the 
Internet of things (IoT) and massive machine-type 
communications (mMTC) scenarios, which are considered as 
types of 5G application scenarios [20]. In these scenarios, 
users may be low-cost sensors deployed in a small area, where 
both the line-of-sight (LoS) and the non-line-of-sight (NLoS) 
exist, which can be better modeled by the Rician fading 
channel. In [21] and [22], 5G cellular systems on MU-MIMO 
transmitters use linear precoding. In this report, the system 
performance within regards to the Alamouti scheme undergoes 
both analysis and evaluation, with BD precoding applied when 
there is the presence of CSI. Furthermore, the performance of 
an MU-MIMO beamforming system, alongside the utilisation 
of BD with the extended Alamouti scheme, is discussed, with 
the signal in the NLoS setting transmitted (Rayleigh fading 
channel) as well as in the LoS environment (correlated 
realistic Rician fading channel).  
The superscripts(·)T, (·)∗ and (·)H denote transpose, complex 
conjugate, and Hermitian operations, respectively. 
 
II.  ALAMOUTI CODING 
The Alamouti code is recognised as being the first and most 
widely known STBC, and is described as being a complicated 
orthogonal spice-time-code most applicable in the case of two 
transmits antennas [15].  
Primarily, the Alamouti space-time-coding approach is 
taken into account, with generalisation in relation to the three 
transmits antennas then considered [23].  
a. Alamouti Space-Time Code 
Alamouti designed and presented a complicated orthogonal 
space-time block code for two transmit antennas [15]. In the 
case of the Alamouti encoder, there is the encoding of 
𝑠𝑠1 and 𝑠𝑠2 , notably two consecutive symbols complete with the 
space-time codeword matrix outlined below: 
 
𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎 = [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
]                               (1) 
As can be seen when reviewing the equation (1), there is the 
transmission of the Alamouti encoded signal from the two 
transmit antennas over the two different symbol periods. 
Throughout the preliminary symbol period, 𝑠𝑠1 and 𝑠𝑠2 are 
transmitted at the same time from the two transmit antennas. 
Throughout the secondary period, there is the repeated 
transmission of the symbols, with the first transmit antenna 
transmitting −𝑠𝑠2∗ whilst the second transmit antenna 
transmits 𝑠𝑠1∗.  
b. Extended Alamouti  
As it has been discussed in other works [24], the Alamouti 
scheme has the underpinning foundation of extension, which 
is seen to derive through extension for 4x1-diversity order. In 
this case, it is further extended in mind of the 3x3-diversity 
order [10]. Accordingly, it is necessary to take into account 
the block diagram representation depicted in the Fig. 2 below, 
which shows the extended Alamouti code for 3 transmit 
antennas and 3 receive antennas over the eight different 
symbol periods for four symbols s1, s2, s3 and  s4. 
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  Abstract— Wireless communication faces a number of 
adversities and obstacles as a result of fading and co-channel 
interference (CCI). Diversity with beamformer techniques may 
be used to mitigate degradation in the system performance. 
Alamouti space-time-block-code (STBC) is a strong scheme 
focused on accomplishing spatial diversity at the transmitter, 
which needs a straightforward linear processing in the receiver. 
Also, high bit-error-rate (BER) performance can be achieved by 
using the multiple-input multiple-output (MIMO) system with 
beamforming technology. This approach is particularly useful for 
CCI suppression. Exploiting the channel state information (CSI) 
at the transmitter can improve the STBC through the use of a 
beamforming precoding. In this paper, we propose the 
combination between Alamouti STBC and block diagonalization 
(BD) for downlink multi-user MIMO system. Also, this paper 
evaluates the system performance improvement of the extended 
Alamouti scheme, with the implementation of BD precoding over 
a Rayleigh and Rician channel. Simulation results show that the 
combined system has performance better than the performance 
of beamforming system. Also, it shows that the combined system 
performance of extended Alamouti outperforms the combined 
system performance without extended Alamouti. Furthermore, 
numerical results confirm that the Rician channel can 
significantly improve the combined system performance. 
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I. INTRODUCTION 
oday’s wireless network’s customers need to more quality 
of service (QoS). Therefore, fifth generation (5G) of 
wireless networks promises to deliver that and much more. It 
is highly expected that future 5G networks should achieve a 
10-fold increase in connection density, i.e., 106connections 
per square kilometers [1] and increase in the volume of mobile 
traffic, e.g., beyond a 500-1000-fold increase in mobile traffic 
[2]. Unfortunately, the current radio access technology, within 
the limited available time/frequency spectrum, is facing 
challenges to meet the requirements of technological advances 
presented by the 5G network. Therefore, new solutions must 
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be identified and developed that can make significant gains in 
capacity and QoS for network customers to ensure continued 
sustainability of radio access technologies. To date, 5G is still 
being studied; and research groups and companies are working 
together to determine the exact nature of 5G. On the other 
hand, it is not yet clear which technologies will do the most 
for 5G in the long run, but a few early favorites have emerged. 
The front-runners include beamforming technology. At once, 
it is possible to achieve signal-to-noise-plus-interference-ratio 
(SINR) improvements through the adoption of beamforming 
precoding at the transmit side [3]. There is the potential to 
utilise a block diagonalization (BD) initiative to design 
transmitting beamforming vectors without any degree of 
complexity. One such approach is to secure a precoding 
matrix for all mobile stations. This type of matrix will lie in 
the null spaces of other mobile stations’ channel matrix, and 
thus, the beamforming approach may be seen to depend on 
each mobile station’s spatial data [4]. Unfortunately, the 
desired power of the received signal will be decreased. The 
BD algorithm that supports multiple-stream transmissions for 
multi-user MIMO (MU-MIMO) systems, in which every user 
has several antennas trying to connect with the base station, 
can eliminate the co-channel interference (CCI) completely 
[5]. When no information concerning the channel state 
information (CSI) is held by a MIMO system sender, spatial 
multiplexing and multi-user diversity are not possible [6]. 
Additional profits can accrue when the CSI at the transmitter 
is available and using a MIMO system with a liner precoding 
technique [7]. If all mobile stations’ channel state information 
is available in the transmitter, the precoder would then have 
the ability to completely remove CCI. By removing CCI, each 
user can communicate with the transmitter over an 
interference-free way, as single-user channel [3]. Therefore, 
through an imperfect feedback channel, reconnaissance of 
limited CSI and employment of CSI are critical points for a 
MIMO system [8]. CSI is very important, because when it is 
fully available at the base station, the MIMO system performs 
best in numerous ways via using the precoding method. For 
example, to mitigate symbol interference, precoding can be 
used with spatial diversity and spatial multiplexing provided 
by the MIMO system. Besides high gain coding, if space-time-
block-code (STBC) can be combined with precoding, 
maximum gain diversity is available [9]. Owing to the use of 
wireless fading channels, it is common for error performance 
to demonstrate further degradation in terms of the wireless 
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Fig. 1.  Block diagram of the proposed MU-MIMO system, s is the data of 1st 
user and z is the data of 2nd user. 
  
It is important to note that, diversity has become recognised as 
a key communication approach when seeking to enhance the 
performance of wireless systems without incurring significant 
expense [10] [11]. Diversity, in essence, may be achieved at 
the transmitter and/or the receiver side [10]. However, should 
diversity be received in an instance of downlink, there will be 
a notably high consumption of power, owing to the fact that 
the majority of computational burden is assigned to the mobile 
side. Accordingly, a non-complex decoding processing can be 
achieved at the mobile side through the base station-located 
application of STBC [10] [12] [13] [14]. 
The primary and most well-recognised diversity is identified 
as the STBC, which has come to be accepted as a powerful 
and extremely valuable diversity approach in overcoming the 
effects of wireless channel fading. In this regard, the Alamouti 
scheme is seen to be a complicated orthogonal STBC; this 
affords simplistic decoding and encoding processing at the 
receiver and transmitter side, respectively. This was originally 
devised and presented by Alamouti [15]. In an effort to 
decrease error performance degradation levels in mobile units 
and accordingly attain greater improvements in wireless links, 
the Alamouti scheme can be combined with beamforming 
precoding [16] [17] [18] [19]. Beamforming scheme based on 
BD technology combined with STBC enables the multi-user 
MIMO (MU-MIMO) system to provide good QoS, thereby 
absorbing more users, and makes it promising to address the 
5G requirement of massive connectivity, specifically in the 
Internet of things (IoT) and massive machine-type 
communications (mMTC) scenarios, which are considered as 
types of 5G application scenarios [20]. In these scenarios, 
users may be low-cost sensors deployed in a small area, where 
both the line-of-sight (LoS) and the non-line-of-sight (NLoS) 
exist, which can be better modeled by the Rician fading 
channel. In [21] and [22], 5G cellular systems on MU-MIMO 
transmitters use linear precoding. In this report, the system 
performance within regards to the Alamouti scheme undergoes 
both analysis and evaluation, with BD precoding applied when 
there is the presence of CSI. Furthermore, the performance of 
an MU-MIMO beamforming system, alongside the utilisation 
f BD with the extended Alamouti scheme, is discussed, with 
the signal in the NLoS etting transmitted (R yleigh fading 
channel) as well as in the LoS environment (correlated 
realistic Rician fading channel).  
The superscripts(·)T, (·)∗ and (·)H denote transpose, complex 
conjugate, and Hermitian operations, respectively. 
 
II.  ALAMOUTI CODING 
The Alamouti code is recognised as being the first and most 
widely known STBC, and is described as being a complicated 
orthogonal spice-time-code most applicable in the case of two 
transmits antennas [15].  
Primarily, the Alamouti space-time-coding approach is 
taken into account, with generalisation in relation to the three 
transmits antennas then considered [23].  
a. Alamouti Space-Time Code 
Alamouti designed and presented a complicated orthogonal 
space-time block code for two transmit antennas [15]. In the 
case of the Alamouti encoder, there is the encoding of 
𝑠𝑠1 and 𝑠𝑠2 , notably two consecutive symbols complete with the 
space-time codeword matrix outlined below: 
 
𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎 = [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
]                               (1) 
As can be seen when reviewing the equation (1), there is the 
transmission of the Alamouti encoded signal from the two 
transmit antennas over the two different symbol periods. 
Throughout the preliminary symbol period, 𝑠𝑠1 and 𝑠𝑠2 are 
transmitted at the same time from the two transmit antennas. 
Throughout the secondary period, there is the repeated 
transmission of the symbols, with the first transmit antenna 
transmitting −𝑠𝑠2∗ whilst the second transmit antenna 
transmits 𝑠𝑠1∗.  
b. Extended Alamouti  
As it has been discussed in other works [24], the Alamouti 
scheme has t  r i i  foundation of extension, which 
is seen to deri  t r  t i  f r 4x1-diversity order. In 
this case,  i  further extended in mind of the 3x3-diversity 
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Fig. 1.  Block diagram of the proposed MU-MIMO system, s is the data of 1st 
user and z is the data of 2nd user. 
  
It is important to note that, diversity has become recognised as 
a key communication approach when seeking to enhance the 
performance of wireless systems without incurring significant 
expense [10] [11]. Diversity, in essence, may be achieved at 
the transmitter and/or the receiver side [10]. However, should 
diversity be received in an instance of downlink, there will be 
a notably high consumption of power, owing to the fact that 
the majority of computational burden is assigned to the mobile 
side. Accordingly, a non-complex decoding processing can be 
achieved at the mobile side through the base station-located 
application of STBC [10] [12] [13] [14]. 
The primary and most well-recognised diversity is identified 
as the STBC, which has come to be accepted as a powerful 
and extremely valuable diversity approach in overcoming the 
effects of wireless channel fading. In this regard, the Alamouti 
scheme is seen to be a complicated orthogonal STBC; this 
affords simplistic decoding and encoding processing at the 
receiver and transmitter side, respectively. This was originally 
devised and presented by Alamouti [15]. In an effort to 
decrease error performance degradation levels in mobile units 
and accordingly attain greater improvements in wireless links, 
the Alamouti scheme can be combined with beamforming 
precoding [16] [17] [18] [19]. Beamforming scheme based on 
BD technology combined with STBC enables the multi-user 
I O ( U- I O) system to provide good QoS, thereby 
absorbing more users, and makes it promising to address the 
5G requirement of massive connectivity, specifically in the 
Internet of things (IoT) and massive machine-type 
communications (m TC) scenarios, which are considered as 
types of 5G application scenarios [20]. In these scenarios, 
users may be low-cost sensors deployed in a small area, where 
both the line-of-sight (LoS) and the non-line-of-sight (NLoS) 
exist, which can be better modeled by the Rician fading 
channel. In [21] and [22], 5G cellular systems on U- I O 
transmitters use linear precoding. In this report, the system 
performance within regards to the Alamouti scheme undergoes 
both analysis and evaluation, with BD precoding applied when 
there is the presence of CSI. Furthermore, the performance of 
an U- I O beamforming system, alongside the utilisation 
of BD with the extended Alamouti scheme, is discussed, with 
the signal in the NLoS setting transmitted (Rayleigh fading 
channel) as well as in the LoS environment (correlated 
realistic Rician fading channel).  
The superscripts(·)T, (·)∗ and (·)H denote transpose, complex 
conjugate, and Hermitian operations, respectively. 
 
II.  ALA OUTI CODING 
The Alamouti code is recognised as being the first and most 
widely known STBC, and is described as being a complicated 
orthogonal spice-time-code most applicable in the case of two 
transmits antennas [15].  
Primarily, the Alamouti space-time-coding approach is 
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transmits antennas then considered [23].  
a. Alamouti Space-Time Code 
Alamouti designed and presented a complicated orthogonal 
space-time block code for two transmit antennas [15]. In the 
case of the Alamouti encoder, there is the encoding of 
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space-time codeword matrix outlined below: 
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𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
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As can be seen when reviewing the equation (1), there is the 
transmission of the Alamouti encoded signal from the two 
transmit antennas over the two different symbol periods. 
Throughout the preliminary symbol period, 𝑠𝑠1 and 𝑠𝑠2 are 
transmitted at the same time from the two transmit antennas. 
Throughout the secondary period, there is the repeated 
transmission of the symbols, with the first transmit antenna 
transmitting −𝑠𝑠2∗ whilst the second transmit antenna 
transmits 𝑠𝑠1∗.  
b. Extended Alamouti  
As it has been discussed in other works [24], the Alamouti 
scheme has the underpinning foundation of extension, which 
is seen to derive through extension for 4x1-diversity order. In 
this case, it is further extended in mind of the 3x3-diversity 
order [10]. Accordingly, it is necessary to take into account 
the block diagram representation depicted in the Fig. 2 below, 
which shows the extended Alamouti code for 3 transmit 
antennas and 3 receive antennas over the eight different 
sy bol periods for four sy bols s1, s2, s3 and  s4. 
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[
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Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates with the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel corresponds to deterministic component 
(also referred to as specular components). On the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 
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III.  BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates with the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
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antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
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where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
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where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 
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where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel corresponds to deterministic component 
(also referred to as specular components). On the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 
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In MU-MIMO system e ave considered a
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multi-user (MU) communicates with the MIMO base station
(BS) which has 𝑀𝑀 antenna . In such a system environment
each mobile station is in ependent and mploying Nu
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
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𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}.
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where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denot s the channel matrix ingredient, which is 
located between the mt  t ansmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                      (9)
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the sig al wh ch is
re eived at uth recipi nt, whilst for the a d tive noise is
denot d by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith us r and 𝑥𝑥𝑢𝑢 is precodi g data
of ther users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS pr p gation the strongest propagation component 
of MIMO channel corre ponds to deterministic component 
(als  referred to as specular omponents). O  the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distributi n has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 
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Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates with the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel corresponds to deterministic component 
(also referred to as specular components). On the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 
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Fig. 2  Extended Alamouti Scheme for 3x3. 
II .  MU-MIMO BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates with the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                             (8)
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel corresponds to deterministic component 
(also referred to as specular components). On the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
compon nt of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 
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III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates ith the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 
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where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation co ponent 
of MIMO chann l c rresponds to deterministic component 
(also referred to as specular c mponents). On the ther hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 
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III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations s
multi-user (MU) communicates with the MIMO base station
(BS) which has 𝑀𝑀 antennas. In such a system environment,
each mobile tation is independent and employing Nu
antennas of user 𝑢𝑢. These users will receive th ir own signal,
s shown in Fig.1 (block diagram of 2 users). The total
number of users’ antennas is efined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with e independent channels of flat fading. The meant 
message s gnal for the 𝑢𝑢th us r is the scal r 𝑆𝑆𝑢𝑢. Thereby, the
tran mitted symb l vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit ant nnas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the econd step, we denote to p ecoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the pr coding matrix as thir  tep t  produce the preco ing 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as:
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
locat d between the mth tr smitter array antenna of base 
station and th  th r ceiver array an nna of uth user.  
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
rec ived at uth recipient, whilst for the additive noise
denoted by n. Wh n we have given careful consideration to
each user separately, e will find the rec ived signal at an i h
re ipient a : 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other u ers as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
compl x Gau sian variable omponents with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖
have distributi n as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and ar  temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel c rresponds to deterministic 
(also referred to as specular comp nen s). O  the other hand,
al  the oth r components are random compon nts (due to
NLoS also eferred to a scattering compone ts) [10]. The
broadc st chann l distribution has been following t
Rayleigh channel distr bution, which is Gaussian distribution
with a variance of 𝜎𝜎2 and zero mean. That me s the e is no
omponent of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. O  the other hand,
when there is any component of LoS (For K > 0) the broadcast 




 𝑠𝑠1  −𝑠𝑠2   −𝑠𝑠3  −𝑠𝑠4  −𝑠𝑠1∗      𝑠𝑠2∗  𝑠𝑠3∗    𝑠𝑠4∗
 𝑠𝑠2     𝑠𝑠1       𝑠𝑠4  𝑠𝑠3     𝑠𝑠2∗      𝑠𝑠1∗  𝑠𝑠4∗    𝑠𝑠3∗











Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  U- I O BEA FOR ING SYSTE  ODEL 
In U- I O system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user ( U) communicates with the I O base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
ach mobile station is independent and employing Nu
antennas of user 𝑢𝑢. These user will rec ive their own ignal,
as shown in Fig.1 (block diagram of 2 users). The total
number f user ’ antennas is efine  as; 
 
𝑁𝑁𝑇𝑇 =  𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴 2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
s ep as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                           (5)
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 






= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, , U}. 
 
In the broadcast step, we assumed that signals S ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted ver the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
T us, at users’ a tennas the received signals a :   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H S + n                    (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. hen we have given careful consideration to
each user separately, we will find the received signal at an ith
ipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. oreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily whit . 
 
IV. DO NLINK CHANNEL ODEL    
Due to LoS propagation the strongest propagation component 
of I O channel corresponds to deterministic component 
(also referred to as specular components). On the other hand, 
all the other components are random components (due to 
NLoS also referred to a  scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That m an  there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the the  hand,
hen there is any component f LoS (For K > 0) the broadcast
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Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  - I  BE F R I  S STE  EL 
In - I  syste  e ave considered a  
environ ent of 𝑈𝑈 geographically sparse obil  stations s
ulti-user ( ) co unicates ith the I  base station
(BS) hich has 𝑀𝑀 antenna . In such a syste  environ ent
each obile tation is in ependent and ploying Nu
antennas of user 𝑢𝑢. These users ill receive th ir o n signal,
s sho n in Fig.1 (block diagra  of 2 users). The total





                                         (3) 
 
lso, this syste  has an operation condition hich is 𝑁𝑁𝑇𝑇= 𝑀𝑀
ith e independent channels of flat fading. The eant 
essage s gnal for the 𝑢𝑢th us r is the scal r 𝑆𝑆𝑢𝑢. Thereby, the
tran itted sy b l vector to 𝑈𝑈 users is: 
 𝑆𝑆𝑇𝑇 [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                          (4)
 
It should be enti ed that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for o
trans it ant nnas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three trans it 
antennas. In the econd step, e denote to p ecoding atrix 
step as: 
 
𝑊𝑊 [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                          (5)
here  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint bea fo ing coeffici nts for
𝑢𝑢th user. Then the trans itted sy bol vector is ultiplied by 






𝑊𝑊𝑆𝑆                               (6) 
 
The sy bol su and the coefficients of bea for ing precoding
𝑤𝑤𝑢𝑢 ill be nor alized as follo s:  
 
E|𝑠𝑠𝑢𝑢|2 1, ‖𝑤𝑤𝑢𝑢‖2 1 
for u={1, , }.
 
In the broadcast step, e assu ed that signals S ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 [𝐻𝐻1𝑇𝑇 , , 𝐻𝐻𝑢𝑢𝑇𝑇, , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7)
 
here 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients bet een 








]                              (8) 
 
here ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denot s the channel atrix ingredient, hich is 
locat d bet een the t  t s itter array antenna of base 
station and th  th r ceiver array an nna of uth user.  
Thus, at users’ antennas the received signals are:
 
𝑦𝑦 [𝑦𝑦1𝑇𝑇, , 𝑦𝑦𝑢𝑢𝑇𝑇, , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇  S + n                      (9)
here 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the sig al h ch is 
re ived at uth recipi nt, hilst for the a d tive noise
denot d by n. h n e have given careful consideration to
each user separately, e ill find the rec ived signal at an i h
re ipient a : 










 𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 𝐻𝐻𝑖𝑖 𝑥𝑥𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
here 𝑥𝑥𝑖𝑖 is precoding data of ith us r and 𝑥𝑥𝑢𝑢 is precodi g data
of ther u ers as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has
co pl x au sian variable o ponents ith unit-variance and 
zero- ean. oreover, the co ponents of the additive noise 𝑛𝑛𝑖𝑖
have distributi n as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and ar  te porarily hite. 
 
I . LI  C EL EL     
ue to LoS pr p gation the strongest propagation co ponent 
of I  channel c rre ponds to deter inistic 
(als  referred to as specular o p nen s).  the other hand,
al  the oth r co ponents are rando  co pon nts (due to
LoS also eferred to a scattering co pone ts) [10]. The
broadc st chann l distributi n has been follo ing t
Rayleigh channel distr bution, hich is aussian distribution
ith a variance of 𝜎𝜎2 and zero ean. That e s the e is no
co ponent of LoS (K= 0): 𝜎𝜎 1𝐾𝐾+1. n the o  hand,
hen there is any co ponent of LoS (For K > 0) the broadcast 
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Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
n MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates with the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is efined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the sec d step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the pr coding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the cha nel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth r ceiver array antenna of uth user.   
Thus, at users’ antennas t e received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When e have given careful co sideration to 
each user separately, e will find the receive  signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable compon nts with unit-varia ce and 
zer -mean. M reover, the compon nts of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel c rresponds to deterministic c e t 
(also referred to as specular comp nents). O  the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering compone ts) [10]. The 
broadcast channel distribution has been following t e 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
compon nt of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the o  hand,
when there is any component of LoS (For K > 0) the broadcast 




 𝑠𝑠1  −𝑠𝑠2   −𝑠𝑠3  −𝑠𝑠4  −𝑠𝑠1∗      𝑠𝑠2∗  𝑠𝑠3∗    𝑠𝑠4∗
2    𝑠𝑠1       4 𝑠𝑠3    2 1 4 3











i .   t  l ti  f r . 
.      
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l , i  t    ti  iti  i  i  𝑁𝑁𝑇𝑇  𝑀𝑀 
it  t  i t l   l t i .  t 
 i l t  𝑢𝑢t   i  t  l  𝑆𝑆𝑢𝑢. , t  
t itt  l t  t  𝑈𝑈  i : 
 
 𝑆𝑆𝑇𝑇 𝑠𝑠 , . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 𝑇𝑇                              
 
t l   ti  t t  𝑆𝑆𝑢𝑢  𝑆𝑆𝐴𝐴 .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎   t  
t it t    𝑆𝑆𝑢𝑢  𝑆𝑆𝐴𝐴  .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎   t  t it 
t .  t  on  t , t  t  i  t i  
t  : 
 
𝑊𝑊 𝑤𝑤 , . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈                              
  𝑤𝑤𝑢𝑢  𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 i  t  j i t i  i i t   
𝑢𝑢t  .  t  t itt  l t  i  lti li   
t  i  t i   t i  t  t   t  e i  





𝑊𝑊𝑆𝑆                                
 
 l   t  i i t   i  i  
𝑤𝑤𝑢𝑢 ill  li   ll :  
 
𝑠𝑠𝑢𝑢 , 𝑤𝑤𝑢𝑢  
f  , , . 
 
 t t t ,   t t i l    
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥  t   t  l  t  : 
 
𝐻𝐻 𝐻𝐻𝑇𝑇 , , 𝐻𝐻𝑢𝑢𝑇𝑇, , 𝐻𝐻𝑈𝑈𝑇𝑇 𝑇𝑇                                
 𝐻𝐻𝑢𝑢 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 i  t  l i i t  t  











                               
 
 𝑢𝑢
(𝑎𝑎,𝑚𝑚) t  t  l t i  i i t, i  i
l t  t  t  t  t itt   t    
t ti   t  t  i   t   t  .   
, t  t  th  i  i l  :   
 
𝑦𝑦 𝑦𝑦𝑇𝑇, , 𝑦𝑦𝑢𝑢𝑇𝑇, , 𝑦𝑦𝑈𝑈𝑇𝑇 𝑇𝑇                             
 
 𝑦𝑦𝑢𝑢  𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 i  ti  t  i l i  i  
i  t t  i i t, il t  t  iti  i  i  
t   .    i  l n i ti  t  
  t l ,  ill i  t  i d i l t  it  
i i t : 










 𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 𝐻𝐻𝑖𝑖 𝑥𝑥𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢 ,𝑢𝑢 𝑖𝑖
                         
 
 𝑥𝑥𝑖𝑖 i  i  t   it    𝑥𝑥𝑢𝑢 i  i  t  
 t    i t   t  .  𝐻𝐻𝑖𝑖  t   
l  i  i l  e t  it  it i n   
o . , t  t   t  iti  i  𝑛𝑛𝑖𝑖 
 i t i ti   𝑁𝑁 ,𝜎𝜎𝑖𝑖    t il  it . 
 
.        
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l i t i ti    ll i t  i
t  l ti 
 𝑠𝑠   𝑠𝑠    𝑠𝑠  𝑠𝑠   𝑠𝑠∗      𝑠𝑠∗  𝑠𝑠∗    𝑠𝑠∗
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 [𝑠𝑠     𝑠𝑠    𝑠𝑠    𝑠𝑠 ] 
 
distribution w th a variance of 𝜎𝜎2 and mean of q or Ric
distribution when K incre es as: 𝑞𝑞 = √ 𝐾𝐾𝐾𝐾+1 , 𝜎𝜎 = √
1
𝐾𝐾+1 .  
Therefore, in this work, channel matrix of the MIMO system 
described as [25]: 
𝐻𝐻 = √ 𝐾𝐾𝐾𝐾 + 1 𝐻𝐻𝑑𝑑 + √
1
𝐾𝐾 + 1   𝐻𝐻𝑟𝑟                   (11) 
where 𝐻𝐻𝑑𝑑  representing the component of the normalized 
deterministic channel matrix, while  𝐻𝐻𝑟𝑟 representing the 
component of random channel matrix, with || 𝐻𝐻𝑑𝑑 ||2 = 𝑁𝑁𝑇𝑇 𝑀𝑀, 
E{ |[𝐻𝐻𝑟𝑟]𝑖𝑖,𝑗𝑗|2}= 1, 𝑖𝑖 = 1: 𝑁𝑁𝑇𝑇, 𝑗𝑗 = 1: 𝑀𝑀 [25]. While 𝐾𝐾 is known 
as factor of the Rician channel which is the relation between 
the component of the specular power 𝑐𝑐2 and the component of 








2𝜎𝜎2                     (12) 
 
V. BLOCK DIAGONALIZATION PRECODING 
 
Block Diagonalization precoding (BD) method is 
compatible with the multiple users, every user has multiple 
antennas. By the precoding process of this method, the 
interference signal which is coming from other user signals 
will be canceled. Therefore, MU-MIMO channel model will 
be converted into multiple independent single user MIMO 
channels model by BD method [10]. 
Briefly, definition of BD precoding matrix starts from the 
channel of all users except ith user as: 
 
𝐻𝐻𝑖𝑖 = [𝐻𝐻1 …  𝐻𝐻𝑖𝑖−1  𝐻𝐻𝑖𝑖+1 … 𝐻𝐻𝑈𝑈 ]𝑇𝑇                     (13) 
 
where 𝐻𝐻𝑖𝑖 is H with out Hi , then we should compute the null 
space ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛  of all users except ith user by singular value 
decomposition (SVD) to 𝐻𝐻𝑖𝑖:  
  
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖 =  𝑈𝑈𝑖𝑖 ?̃?𝛬 [ ?̃?𝑉𝑖𝑖𝑏𝑏  ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                     (14)  
 
where (. )𝐻𝐻 denotes Hermitian transposition. To prevent other 
users interference multiplies  𝐻𝐻𝑖𝑖  by ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 , and then uses SVD 
again: 
 
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 =  𝑈𝑈𝑖𝑖 𝛬𝛬 [ 𝑉𝑉𝑖𝑖𝑏𝑏  𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                (15)  
where 𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 is the null space of ith user, while 𝑉𝑉𝑖𝑖𝑏𝑏 is the beam 
of ith user. Therefore, we can get the precoding matrix 𝑤𝑤𝑖𝑖  for 
ith user from ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 and 𝑉𝑉𝑖𝑖𝑏𝑏 under the condition 𝑁𝑁𝑇𝑇 ≤ 𝑀𝑀 as: 
 
𝑤𝑤𝑖𝑖 = [?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 𝑉𝑉𝑖𝑖𝑏𝑏 ]                                 (16)   
 
Now under the condition 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 = 0, we substitute (16) into 
(10), we can obtain:  
 
𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 0 + 𝑛𝑛𝑖𝑖                             (17)    
 
where 𝑦𝑦𝑖𝑖 represents the received signal which is consisted of 
the required signal of ith user and noise without multiuser 
interference. Note that 𝑥𝑥𝑖𝑖 is Alamouti space-time coding. 
Therefore, 𝑦𝑦𝑖𝑖  is represented by 1𝑦𝑦1𝑎𝑎  , 1𝑦𝑦2𝑎𝑎 , 2𝑦𝑦1𝑎𝑎 and 2𝑦𝑦2𝑎𝑎: 
[1𝑦𝑦1𝑎𝑎 2𝑦𝑦1𝑎𝑎1𝑦𝑦2𝑎𝑎  2𝑦𝑦2𝑎𝑎] = 𝐻𝐻𝑖𝑖 𝑤𝑤𝑖𝑖  [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖        (18)  
where 1𝑦𝑦1𝑎𝑎 and 1𝑦𝑦2𝑎𝑎 represents the received signals at the 
first time in first and second antenna respectively, while 2𝑦𝑦1𝑎𝑎 
and 2𝑦𝑦2𝑎𝑎 represents the received signals at the second time in 
first and second antenna respectively: 
1st time 
1𝑦𝑦1𝑎𝑎 = [ℎ𝑖𝑖
(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1
𝑠𝑠2] + 𝑛𝑛𝑖𝑖          (19) 
 
1𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1




(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (21) 
 
2𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (22) 
then: 
 
1𝑦𝑦1𝑎𝑎 = C 𝑠𝑠1 + D 𝑠𝑠2 +𝑛𝑛𝑖𝑖,     2𝑦𝑦1𝑎𝑎 = D 𝑠𝑠1∗ − C 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (23) 
 
1𝑦𝑦2𝑎𝑎 = Q 𝑠𝑠1 + P 𝑠𝑠2 + 𝑛𝑛𝑖𝑖,     2𝑦𝑦2𝑎𝑎 = P 𝑠𝑠1∗ − Q 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (24) 
 
where C, D, Q and P represents the multiplication of channel 
by precoding of each antenna. 
To find 𝑠𝑠1 and 𝑠𝑠2, we assume that CSI at the mobile stations is 
available. Then multiplying the received signals by the 
Hermitian transpose of the CSI matrix and using Maximum 
Likelihood (ML) concepts: 
 
?̂?𝑠1 =
𝐶𝐶∗ 1𝑦𝑦1𝑎𝑎  +  𝑄𝑄∗1𝑦𝑦2𝑎𝑎  +  𝑆𝑆 2𝑦𝑦1𝑎𝑎∗  +  𝑃𝑃  2𝑦𝑦2𝑎𝑎∗




𝑆𝑆∗ 1𝑦𝑦1𝑎𝑎  +  𝑃𝑃∗ 1𝑦𝑦2𝑎𝑎 −   𝐶𝐶 2𝑦𝑦1𝑎𝑎∗ −  𝑄𝑄 2𝑦𝑦2𝑎𝑎∗
𝐶𝐶∗𝐶𝐶  +   𝑄𝑄∗𝑄𝑄  +   𝑆𝑆∗𝑆𝑆  +   𝑃𝑃∗𝑃𝑃          (26) 
where ?̂?𝑠𝑢𝑢  denote noisy version of 𝑠𝑠𝑢𝑢. 
 
VI. SIMULATION RESULTS AND EVALUATION 
In the present work, the signal-to-noise ratio (SNR) in 







Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  - I  BE F R I  S STE  EL 
In - I  syste  e have considered an 
environ ent of 𝑈𝑈 geographically sparse obile stations as 
ulti-user ( ) co unicates ith the I  base station 
(BS) hich has 𝑀𝑀 antennas. In such a syste  environ ent, 
each obile station is independent and e ploying Nu 
antennas of user 𝑢𝑢. These users ill receive their o n signal, 
as sho n in Fig.1 (block diagra  of 2 users). The total 





                                         (3) 
 
lso, this syste  has an operation condition hich is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
ith the independent channels of flat fading. The eant 
essage signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
trans itted sy bol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be entioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for t o 
trans it antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three trans it 
antennas. In the second step, e denote to precoding atrix 
step as: 
 
𝑊𝑊 [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
here  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint bea for ing coefficients for 
𝑢𝑢th user. Then the trans itted sy bol vector is ultiplied by 






𝑊𝑊𝑆𝑆                               (6) 
 
The sy bol su and the coefficients of bea for ing precoding 
𝑤𝑤𝑢𝑢 ill be nor alized as follo s:  
 
E|𝑠𝑠𝑢𝑢|2 1, ‖𝑤𝑤𝑢𝑢‖2 1 
for u={1, , }. 
 
In the broadcast step, e assu ed that signals S ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 [𝐻𝐻1𝑇𝑇 , , 𝐻𝐻𝑢𝑢𝑇𝑇, , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
here 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients bet een 








]                              (8) 
 
here ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel atrix ingredient, hich is 
located bet een the th trans itter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 [𝑦𝑦1𝑇𝑇, , 𝑦𝑦𝑢𝑢𝑇𝑇, , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇  S + n                        (9) 
 
here 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal hich is 
received at uth recipient, hilst for the additive noise is 
denoted by n. hen e have given careful consideration to 
each user separately, e ill find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 𝐻𝐻𝑖𝑖 𝑥𝑥𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
here 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
co plex aussian variable co ponents ith unit-variance and 
zero- ean. oreover, the co ponents of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are te porarily hite. 
 
I . LI  C EL EL     
ue to LoS propagation the strongest propagation co ponent 
of I  channel corresponds to deter inistic co ponent 
(also referred to as specular co ponents). n the other hand, 
all the other co ponents are rando  co ponents (due to 
LoS also referred to as scattering co ponents) [10]. The 
broadcast channel distribution has been follo ing the 
Rayleigh channel distribution, hich is aussian distribution 
ith a variance of 𝜎𝜎2 and zero ean. That eans there is no 
co ponent of LoS (K= 0): 𝜎𝜎 1𝐾𝐾+1. n the other hand, 
hen there is any co ponent of LoS (For K > 0) the broadcast 




 𝑠𝑠1  −𝑠𝑠2   −𝑠𝑠3  −𝑠𝑠4  −𝑠𝑠1∗      𝑠𝑠2∗  𝑠𝑠3∗    𝑠𝑠4∗
 𝑠𝑠2     𝑠𝑠1       𝑠𝑠4  −𝑠𝑠3     𝑠𝑠2∗      𝑠𝑠1∗  𝑠𝑠4∗    𝑠𝑠3∗










i .   t  l ti  f r . 
III.  - I  I   
I  - I  t    i r   
ir t f 𝑈𝑈 r i ll  r  il  t ti  
lti- r ( ) i t  it  t I   t ti
( ) i   𝑀𝑀 t . I    t  ir t,
il  t ti  i  i t  l i  
t  f r 𝑢𝑢.  r  ill r i  t ir  i l,
  i  i .  ( l  i r  f  r ).  t t l





                                          
 
l , t i  t    r ti  iti  i  i  𝑁𝑁𝑇𝑇  𝑀𝑀 
it   i t l  f fl t f i .  t
 l f r t  𝑢𝑢t  r i  t  l r 𝑆𝑆𝑢𝑢. r , t
tr itt  l t r t  𝑈𝑈 r  i : 
 
 𝑆𝑆𝑇𝑇 [𝑠𝑠 , . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             ( ) 
 
It l   ti  t t  𝑆𝑆𝑢𝑢  𝑆𝑆𝐴𝐴  .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  f r t  
tr it t    𝑆𝑆𝑢𝑢  𝑆𝑆𝐴𝐴  .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  f r t r  tr it
t . I  t  t ,  t  t  i  tri
t  : 
 
𝑊𝑊 [𝑤𝑤 , . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            ( ) 
r   𝑤𝑤𝑢𝑢  𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 i  t  j i t f r i  ffi i t  f r
𝑢𝑢t  r.  t  tr itt  l t r i  lti li  
t  r i  tri   t ir  t  t  r  t  r i





𝑊𝑊𝑆𝑆                                
 l   t  ffi i t  f f r i  r i
𝑤𝑤𝑢𝑢 ill  r li   f ll :  
 
|𝑠𝑠𝑢𝑢| , 𝑤𝑤𝑢𝑢  
f  , , . 
 
I  t  r t t ,   t t i l    
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 r  r t  r t  l  t  : 
 
𝐻𝐻 [𝐻𝐻𝑇𝑇 , , 𝐻𝐻𝑢𝑢𝑇𝑇, , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               ( ) 
r  𝐻𝐻𝑢𝑢 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 ri  t  l ffi i t  t












                             ( ) 
 
r  𝑢𝑢
(𝑎𝑎,𝑚𝑚) t  t  l tri  i r i t, i  i  
l t  t  t  t  tr itt r rr  t  f 
t ti   t  t  r i r rr   f t  r.  
, t r ’ t  t  r i  i l  r :   
 
𝑦𝑦 [𝑦𝑦𝑇𝑇, , 𝑦𝑦𝑢𝑢𝑇𝑇, , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇                            ( ) 
r  𝑦𝑦𝑢𝑢  𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 i  r r ti  t  i l i  i
r i  t t  r i i t, il t f r t  iti  i
t   .    i  r f l i r ti t
 r r t l ,  ill fi  t  r i  i l t  i
r i i t : 










 𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 𝐻𝐻𝑖𝑖 𝑥𝑥𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢 ,𝑢𝑢 𝑖𝑖
                         
 
r  𝑥𝑥𝑖𝑖 i  r i  t  f it  r  𝑥𝑥𝑢𝑢 i  r i  t  
f t r r   i t rf r  f r t r.  𝐻𝐻𝑖𝑖  t r 
l  i  ri l  t  it  it- ri
r - . r r, t  t  f t  iti  i  𝑛𝑛𝑖𝑖
 i tri ti   𝑁𝑁( ,𝜎𝜎𝑖𝑖 )  r  t r ril  it . 
 
I . I        
 t   r ti  t  tr t r ti  t 
f I  l rr  t  t r i i ti  
( l  r f rr t   l r ).  t t r ,
l  t  t r t  r  r  t  (  t
 l  r f rr  t  tt ri  t ) [ ]. 
r t l i tri ti    f ll i  t
l i  l i r ti , i i  i  i tri ti
it   ri  f 𝜎𝜎   r  . t  t r  i  
t f  (  ): 𝜎𝜎 𝐾𝐾 .  t  t r , 
 t r  i   t f  ( r   ) t  r t 
l i tri ti    f ll i t  i
t  l ti 
൥
 𝑠𝑠1  𝑠𝑠2   𝑠𝑠3  𝑠𝑠4  𝑠𝑠1∗      𝑠𝑠2∗  𝑠𝑠3∗    𝑠𝑠4∗
 𝑠𝑠2     𝑠𝑠1       𝑠𝑠4  𝑠𝑠3     𝑠𝑠2∗      𝑠𝑠1∗  𝑠𝑠4∗    𝑠𝑠3∗





 [𝑠𝑠1    𝑠𝑠2   𝑠𝑠3  𝑠𝑠4] 
 
 
i .   t  l ti   . 











 𝑆𝑆𝑇𝑇 𝑠𝑠 , . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 𝑇𝑇
 𝑆𝑆𝑢𝑢 𝑆𝑆𝐴𝐴  .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎
 𝑆𝑆𝑢𝑢 𝑆𝑆𝐴𝐴  .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎
t










𝐻𝐻 𝐻𝐻𝑇𝑇 , , 𝐻𝐻𝑢𝑢𝑇𝑇, , 𝐻𝐻𝑈𝑈𝑇𝑇 𝑇𝑇














𝑦𝑦 𝑦𝑦𝑇𝑇, , 𝑦𝑦𝑢𝑢𝑇𝑇, , 𝑦𝑦𝑈𝑈𝑇𝑇 𝑇𝑇     
𝑦𝑦𝑢𝑢 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥
  
r
𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢
𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑤𝑤𝑖𝑖𝑠𝑠𝑖𝑖 𝐻𝐻𝑖𝑖 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢 ,𝑢𝑢 𝑖𝑖
 𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 𝐻𝐻𝑖𝑖 𝑥𝑥𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢 ,𝑢𝑢 𝑖𝑖
                        








t  l ti 
 𝑠𝑠   𝑠𝑠    𝑠𝑠  𝑠𝑠   𝑠𝑠       𝑠𝑠  𝑠𝑠     𝑠𝑠
 𝑠𝑠      𝑠𝑠        𝑠𝑠  𝑠𝑠      𝑠𝑠       𝑠𝑠  𝑠𝑠     𝑠𝑠
 𝑠𝑠   𝑠𝑠        𝑠𝑠     𝑠𝑠    𝑠𝑠    𝑠𝑠   𝑠𝑠     𝑠𝑠
t  
l ti 
 𝑠𝑠     𝑠𝑠    𝑠𝑠    𝑠𝑠  
 
i .   t  l ti   . 











 𝑆𝑆𝑇𝑇 𝑠𝑠 , . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 𝑇𝑇
 𝑆𝑆𝑢𝑢 𝑆𝑆𝐴𝐴  .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎
 𝑆𝑆𝑢𝑢 𝑆𝑆𝐴𝐴  .𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎










𝐻𝐻 𝐻𝐻𝑇𝑇 , , 𝐻𝐻𝑢𝑢𝑇𝑇, , 𝐻𝐻𝑈𝑈𝑇𝑇 𝑇𝑇













𝑦𝑦 𝑦𝑦𝑇𝑇, , 𝑦𝑦𝑢𝑢𝑇𝑇, , 𝑦𝑦𝑈𝑈𝑇𝑇 𝑇𝑇
𝑦𝑦𝑢𝑢 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥
𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢
𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑤𝑤𝑖𝑖𝑠𝑠𝑖𝑖 𝐻𝐻𝑖𝑖 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢 ,𝑢𝑢 𝑖𝑖
 𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 𝐻𝐻𝑖𝑖 𝑥𝑥𝑢𝑢 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢 ,𝑢𝑢 𝑖𝑖





      
 𝜎𝜎
 𝜎𝜎 𝐾𝐾
t  l ti 
 𝑠𝑠   𝑠𝑠    𝑠𝑠  𝑠𝑠   𝑠𝑠       𝑠𝑠  𝑠𝑠     𝑠𝑠
 𝑠𝑠      𝑠𝑠        𝑠𝑠  𝑠𝑠      𝑠𝑠       𝑠𝑠  𝑠𝑠     𝑠𝑠
 𝑠𝑠   𝑠𝑠        𝑠𝑠     𝑠𝑠    𝑠𝑠    𝑠𝑠   𝑠𝑠     𝑠𝑠
t  
l ti 






Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
n MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates ith t e MIMO base statio  
(BS) which has 𝑀𝑀 antennas. In such a system nvironment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users ill receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴 2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation co ponent 
of MIMO channel corresponds to deterministic component 
(also referred t  s specular components). On the other hand, 
all the other components are random components (due to 
NL S also referr d t  as s attering components) [10]. The 
broadcast channel distributi n has been foll wing the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zer  mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the ot er hand, 
when th re is any component of LoS (For K > 0) the broadcast




𝑠𝑠1 −𝑠𝑠2   −𝑠𝑠3 𝑠𝑠4 −𝑠𝑠1 𝑠𝑠2 𝑠𝑠3 𝑠𝑠4
𝑠𝑠2    𝑠𝑠1 𝑠𝑠4 −𝑠𝑠3    𝑠𝑠2     𝑠𝑠1∗  𝑠𝑠4∗    𝑠𝑠3





 [𝑠𝑠1    𝑠𝑠2   𝑠𝑠3  𝑠𝑠4] 
 
distribution with a variance of 𝜎𝜎2 and mean of q or Rician 
distribution when K increases as: 𝑞𝑞 = √ 𝐾𝐾𝐾𝐾+1 , 𝜎𝜎 = √
1
𝐾𝐾+1 .  
Therefore, in this work, channel matrix of the MIMO system 
described as [25]: 
𝐻𝐻 = √ 𝐾𝐾𝐾𝐾 + 1 𝐻𝐻𝑑𝑑 + √
1
𝐾𝐾 + 1   𝐻𝐻𝑟𝑟                   (11) 
where 𝐻𝐻𝑑𝑑  representing the component of the normalized 
deterministic channel matrix, while  𝐻𝐻𝑟𝑟 representing the 
component of random channel matrix, with || 𝐻𝐻𝑑𝑑 ||2 = 𝑁𝑁𝑇𝑇 𝑀𝑀, 
E{ |[𝐻𝐻𝑟𝑟]𝑖𝑖,𝑗𝑗|2}= 1, 𝑖𝑖 = 1: 𝑁𝑁𝑇𝑇, 𝑗𝑗 = 1: 𝑀𝑀 [25]. While 𝐾𝐾 is known 
as factor of the Rician channel which is the relation between 
the component of the specular power 𝑐𝑐2 and the component of 








2𝜎𝜎2                     (12) 
 
V. BLOCK DIAGONALIZATION PRECODING 
 
Block Diagonalization precoding (BD) method is 
compatible with the multiple users, every user has multiple 
antennas. By the precoding process of this method, the 
interference signal which is coming from other user signals 
will be canceled. Therefore, MU-MIMO channel model will 
be converted into multiple independent single user MIMO 
channels model by BD method [10]. 
Briefly, definition of BD precoding matrix starts from the 
channel of all users except ith user as: 
 
𝐻𝐻𝑖𝑖 = [𝐻𝐻1 …  𝐻𝐻𝑖𝑖−1  𝐻𝐻𝑖𝑖+1 … 𝐻𝐻𝑈𝑈 ]𝑇𝑇                     (13) 
 
where 𝐻𝐻𝑖𝑖 is H with out Hi , then we should compute the null 
space ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛  of all users except ith user by singular value 
decomposition (SVD) to 𝐻𝐻𝑖𝑖:  
  
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖 =  𝑈𝑈𝑖𝑖 ?̃?𝛬 [ ?̃?𝑉𝑖𝑖𝑏𝑏  ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                     (14)  
 
where (. )𝐻𝐻 denotes Hermitian transposition. To prevent other 
users interference multiplies  𝐻𝐻𝑖𝑖  by ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 , and then uses SVD 
again: 
 
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 =  𝑈𝑈𝑖𝑖 𝛬𝛬 [ 𝑉𝑉𝑖𝑖𝑏𝑏  𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                (15)  
where 𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 is the null space of ith user, while 𝑉𝑉𝑖𝑖𝑏𝑏 is the beam 
of ith user. Therefore, we can get the precoding matrix 𝑤𝑤𝑖𝑖  for 
ith user from ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 and 𝑉𝑉𝑖𝑖𝑏𝑏 under the condition 𝑁𝑁𝑇𝑇 ≤ 𝑀𝑀 as: 
 
𝑤𝑤𝑖𝑖 = [?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 𝑉𝑉𝑖𝑖𝑏𝑏 ]                                 (16)   
 
Now under the condition 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 = 0, we substitute (16) into 
(10), we can obtain:  
 
𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 0 + 𝑛𝑛𝑖𝑖                             (17)    
 
where 𝑦𝑦𝑖𝑖 represents the received signal which is consisted of 
the required signal of ith user and noise without multiuser 
interference. Note that 𝑥𝑥𝑖𝑖 is Alamouti space-time coding. 
Therefore, 𝑦𝑦𝑖𝑖  is represented by 1𝑦𝑦1𝑎𝑎  , 1𝑦𝑦2𝑎𝑎 , 2𝑦𝑦1𝑎𝑎 and 2𝑦𝑦2𝑎𝑎: 
[1𝑦𝑦1𝑎𝑎 2𝑦𝑦1𝑎𝑎1𝑦𝑦2𝑎𝑎  2𝑦𝑦2𝑎𝑎] = 𝐻𝐻𝑖𝑖 𝑤𝑤𝑖𝑖  [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖        (18)  
where 1𝑦𝑦1𝑎𝑎 and 1𝑦𝑦2𝑎𝑎 represents the received signals at the 
first time in first and second antenna respectively, while 2𝑦𝑦1𝑎𝑎 
and 2𝑦𝑦2𝑎𝑎 represents the received signals at the second time in 
first and second antenna respectively: 
1st time 
1𝑦𝑦1𝑎𝑎 = [ℎ𝑖𝑖
(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1
𝑠𝑠2] + 𝑛𝑛𝑖𝑖          (19) 
 
1𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1




(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (21) 
 
2𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (22) 
then: 
 
1𝑦𝑦1𝑎𝑎 = C 𝑠𝑠1 + D 𝑠𝑠2 +𝑛𝑛𝑖𝑖,     2𝑦𝑦1𝑎𝑎 = D 𝑠𝑠1∗ − C 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (23) 
 
1𝑦𝑦2𝑎𝑎 = Q 𝑠𝑠1 + P 𝑠𝑠2 + 𝑛𝑛𝑖𝑖,     2𝑦𝑦2𝑎𝑎 = P 𝑠𝑠1∗ − Q 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (24) 
 
where C, D, Q and P represents the multiplication of channel 
by precoding of each antenna. 
To find 𝑠𝑠1 and 𝑠𝑠2, we assume that CSI at the mobile stations is 
available. Then multiplying the received signals by the 
Hermitian transpose of the CSI matrix and using Maximum 
Likelihood (ML) concepts: 
 
?̂?𝑠1 =
𝐶𝐶∗ 1𝑦𝑦1𝑎𝑎  +  𝑄𝑄∗1𝑦𝑦2𝑎𝑎  +  𝑆𝑆 2𝑦𝑦1𝑎𝑎∗  +  𝑃𝑃  2𝑦𝑦2𝑎𝑎∗




𝑆𝑆∗ 1𝑦𝑦1𝑎𝑎  +  𝑃𝑃∗ 1𝑦𝑦2𝑎𝑎 −   𝐶𝐶 2𝑦𝑦1𝑎𝑎∗ −  𝑄𝑄 2𝑦𝑦2𝑎𝑎∗
𝐶𝐶∗𝐶𝐶  +   𝑄𝑄∗𝑄𝑄  +   𝑆𝑆∗𝑆𝑆  +   𝑃𝑃∗𝑃𝑃          (26) 
where ?̂?𝑠𝑢𝑢  denote noisy version of 𝑠𝑠𝑢𝑢. 
 
VI. SIMULATION RESULTS AND EVALUATION 
In the present work, the signal-to-noise ratio (SNR) in 
comparison to the BER undergoes assessment as a precoding 
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distribution with a variance of 𝜎𝜎2 and mean of q or Rician 
distribution when K increases as: 𝑞𝑞 = √ 𝐾𝐾𝐾𝐾+1 , 𝜎𝜎 = √
1
𝐾𝐾+1 .  
Therefore, in this work, channel matrix of the MIMO system 
described as [25]: 
𝐻𝐻 = √ 𝐾𝐾𝐾𝐾 + 1 𝐻𝐻𝑑𝑑 + √
1
𝐾𝐾 + 1   𝐻𝐻𝑟𝑟                   (11) 
where 𝐻𝐻𝑑𝑑  representing the component of the normalized 
deterministic channel matrix, while  𝐻𝐻𝑟𝑟 representing the 
component of random channel matrix, with || 𝐻𝐻𝑑𝑑 ||2 = 𝑁𝑁𝑇𝑇 𝑀𝑀, 
E{ |[𝐻𝐻𝑟𝑟]𝑖𝑖,𝑗𝑗|2}= 1, 𝑖𝑖 = 1: 𝑁𝑁𝑇𝑇, 𝑗𝑗 = 1: 𝑀𝑀 [25]. While 𝐾𝐾 is known 
as factor of the Rician channel which is the relation between 
the component of the specular power 𝑐𝑐2 and the component of 








2𝜎𝜎2                     (12) 
 
V. BLOCK DIAGONALIZATION PRECODING 
 
Block Diagonalization precoding (BD) method is 
compatible with the multiple users, every user has multiple 
antennas. By the precoding process of this method, the 
interference signal which is coming from other user signals 
will be canceled. Therefore, MU-MIMO channel model will 
be converted into multiple independent single user MIMO 
channels model by BD method [10]. 
Briefly, definition of BD precoding matrix starts from the 
channel of all users except ith user as: 
 
𝐻𝐻𝑖𝑖 = [𝐻𝐻1 …  𝐻𝐻𝑖𝑖−1  𝐻𝐻𝑖𝑖+1 … 𝐻𝐻𝑈𝑈 ]𝑇𝑇                     (13) 
 
where 𝐻𝐻𝑖𝑖 is H with out Hi , then we should compute the null 
space ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛  of all users except ith user by singular value 
decomposition (SVD) to 𝐻𝐻𝑖𝑖:  
  
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖 =  𝑈𝑈𝑖𝑖 ?̃?𝛬 [ ?̃?𝑉𝑖𝑖𝑏𝑏  ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                     (14)  
 
where (. )𝐻𝐻 denotes Hermitian transposition. To prevent other 
users interference multiplies  𝐻𝐻𝑖𝑖  by ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 , and then uses SVD 
again: 
 
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 =  𝑈𝑈𝑖𝑖 𝛬𝛬 [ 𝑉𝑉𝑖𝑖𝑏𝑏  𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                (15)  
where 𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 is the null space of ith user, while 𝑉𝑉𝑖𝑖𝑏𝑏 is the beam 
of ith user. Therefore, we can get the precoding matrix 𝑤𝑤𝑖𝑖  for 
ith user from ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 and 𝑉𝑉𝑖𝑖𝑏𝑏 under the condition 𝑁𝑁𝑇𝑇 ≤ 𝑀𝑀 as: 
 
𝑤𝑤𝑖𝑖 = [?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 𝑉𝑉𝑖𝑖𝑏𝑏 ]                                 (16)   
 
Now under the condition 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 = 0, we substitute (16) into 
(10), we can obtain:  
 
𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 0 + 𝑛𝑛𝑖𝑖                             (17)    
 
where 𝑦𝑦𝑖𝑖 represents the received signal which is consisted of 
the required signal of ith user and noise without multiuser 
interference. Note that 𝑥𝑥𝑖𝑖 is Alamouti space-time coding. 
Therefore, 𝑦𝑦𝑖𝑖  is represented by 1𝑦𝑦1𝑎𝑎  , 1𝑦𝑦2𝑎𝑎 , 2𝑦𝑦1𝑎𝑎 and 2𝑦𝑦2𝑎𝑎: 
[1𝑦𝑦1𝑎𝑎 2𝑦𝑦1𝑎𝑎1𝑦𝑦2𝑎𝑎  2𝑦𝑦2𝑎𝑎] = 𝐻𝐻𝑖𝑖 𝑤𝑤𝑖𝑖  [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖        (18)  
where 1𝑦𝑦1𝑎𝑎 and 1𝑦𝑦2𝑎𝑎 represents the received signals at the 
first time in first and second antenna respectively, while 2𝑦𝑦1𝑎𝑎 
and 2𝑦𝑦2𝑎𝑎 represents the received signals at the second time in 
first and second antenna respectively: 
1st time 
1𝑦𝑦1𝑎𝑎 = [ℎ𝑖𝑖
(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1
𝑠𝑠2] + 𝑛𝑛𝑖𝑖          (19) 
 
1𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1




(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (21) 
 
2𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (22) 
then: 
 
1𝑦𝑦1𝑎𝑎 = C 𝑠𝑠1 + D 𝑠𝑠2 +𝑛𝑛𝑖𝑖,     2𝑦𝑦1𝑎𝑎 = D 𝑠𝑠1∗ − C 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (23) 
 
1𝑦𝑦2𝑎𝑎 = Q 𝑠𝑠1 + P 𝑠𝑠2 + 𝑛𝑛𝑖𝑖,     2𝑦𝑦2𝑎𝑎 = P 𝑠𝑠1∗ − Q 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (24) 
 
where C, D, Q and P represents the multiplication of channel 
by precoding of each antenna. 
To find 𝑠𝑠1 and 𝑠𝑠2, we assume that CSI at the mobile stations is 
available. Then multiplying the received signals by the 
Hermitian transpose of the CSI matrix and using Maximum 
Likelihood (ML) concepts: 
 
?̂?𝑠1 =
𝐶𝐶∗ 1𝑦𝑦1𝑎𝑎  +  𝑄𝑄∗1𝑦𝑦2𝑎𝑎  +  𝑆𝑆 2𝑦𝑦1𝑎𝑎∗  +  𝑃𝑃  2𝑦𝑦2𝑎𝑎∗




𝑆𝑆∗ 1𝑦𝑦1𝑎𝑎  +  𝑃𝑃∗ 1𝑦𝑦2𝑎𝑎 −   𝐶𝐶 2𝑦𝑦1𝑎𝑎∗ −  𝑄𝑄 2𝑦𝑦2𝑎𝑎∗
𝐶𝐶∗𝐶𝐶  +   𝑄𝑄∗𝑄𝑄  +   𝑆𝑆∗𝑆𝑆  +   𝑃𝑃∗𝑃𝑃          (26) 
where ?̂?𝑠𝑢𝑢  denote noisy version of 𝑠𝑠𝑢𝑢. 
 
VI. SIMULATION RESULTS AND EVALUATION 
In the present work, the signal-to-noise ratio (SNR) in 







Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates with the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel corresponds to deterministic component 
(also referred to as specular components). On the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 




 𝑠𝑠1  −𝑠𝑠2   −𝑠𝑠3  −𝑠𝑠4  −𝑠𝑠1∗      𝑠𝑠2∗  𝑠𝑠3∗    𝑠𝑠4∗
 𝑠𝑠2     𝑠𝑠1       𝑠𝑠4  −𝑠𝑠3     𝑠𝑠2∗      𝑠𝑠1∗  𝑠𝑠4∗    𝑠𝑠3∗





 [𝑠𝑠1    𝑠𝑠2   𝑠𝑠3   𝑠𝑠4] 
 
distribution ith a variance of 𝜎𝜎2 and ean of q or ician 
distribution hen  increases as: 𝑞𝑞 𝐾𝐾𝐾𝐾+1 , 𝜎𝜎
1
𝐾𝐾+1 .  
Therefore, in this ork, channel atrix of the I syste  
described as [25]: 
𝐻𝐻 𝐾𝐾𝐾𝐾 1 𝐻𝐻𝑑𝑑  
1
𝐾𝐾 1   𝐻𝐻𝑟𝑟                   (11) 
here 𝐻𝐻𝑑𝑑  representing the co ponent of the nor alized 
deter inistic channel atrix, hile  𝐻𝐻𝑟𝑟 representing the 
co ponent of rando  channel atrix, ith || 𝐻𝐻𝑑𝑑 ||2 𝑁𝑁𝑇𝑇 𝑀𝑀, 
E{ |[𝐻𝐻𝑟𝑟]𝑖𝑖,𝑗𝑗|2}  1, 𝑖𝑖  1: 𝑁𝑁𝑇𝑇, 𝑗𝑗  1: 𝑀𝑀 [25]. hile 𝐾𝐾 is kno n 
as factor of the ician channel hich is the relation bet een 
the co ponent of the specular po er 𝑐𝑐2 and the co ponent of 







2𝜎𝜎2                     (12) 
 
. LOCK IAGONALIZATION PRECODING 
 
lock iagonalization precoding ( ) ethod is 
co patible ith the ultiple users, every user has ultiple 
antennas. y the precoding process of this ethod, the 
interference signal hich is co ing fro  other user signals 
ill be canceled. Therefore, - I  channel odel ill 
be converted into ultiple independent single user I  
channels odel by  ethod [10]. 
riefly, definition of  precoding atrix starts fro  the 
channel of all users except ith user as: 
 
𝐻𝐻𝑖𝑖 [𝐻𝐻1  𝐻𝐻𝑖𝑖−1  𝐻𝐻𝑖𝑖+1  𝐻𝐻𝑈𝑈 ]𝑇𝑇                     (13) 
 
here 𝐻𝐻𝑖𝑖 is  ith out i , then e should co pute the null 
space ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛  of all users except ith user by singular value 
deco position (S ) to 𝐻𝐻𝑖𝑖:  
  
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖  𝑈𝑈𝑖𝑖 ?̃?𝛬 [ ?̃?𝑉𝑖𝑖𝑏𝑏  ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                     (14)  
 
here (. )𝐻𝐻 denotes er itian transposition. To prevent other 
users interference ultiplies  𝐻𝐻𝑖𝑖  by ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 , and then uses S  
again: 
 
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛  𝑈𝑈𝑖𝑖 𝛬𝛬 [ 𝑉𝑉𝑖𝑖𝑏𝑏  𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                (15)  
here 𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 is the null space of ith user, hile 𝑉𝑉𝑖𝑖𝑏𝑏 is the bea  
of ith user. Therefore, e can get the precoding atrix 𝑤𝑤𝑖𝑖  for 
ith user fro  ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 and 𝑉𝑉𝑖𝑖𝑏𝑏 under the condition 𝑁𝑁𝑇𝑇 ≤ 𝑀𝑀 as: 
 
𝑤𝑤𝑖𝑖 [?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 𝑉𝑉𝑖𝑖𝑏𝑏 ]                                 (16)   
 
o  under the condition 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 0, e substitute (16) into 
(10), e can obtain:  
 
𝑦𝑦𝑖𝑖 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 0 𝑛𝑛𝑖𝑖                             (17)    
 
here 𝑦𝑦𝑖𝑖 represents the received signal hich is consisted of 
the required signal of ith user and noise ithout ultiuser 
interference. ote that 𝑥𝑥𝑖𝑖 is la outi space-ti e coding. 
Therefore, 𝑦𝑦𝑖𝑖  is represented by 1𝑦𝑦1𝑎𝑎  , 1𝑦𝑦2𝑎𝑎 , 2𝑦𝑦1𝑎𝑎 and 2𝑦𝑦2𝑎𝑎: 
[1𝑦𝑦1𝑎𝑎 2𝑦𝑦1𝑎𝑎1𝑦𝑦2𝑎𝑎  2𝑦𝑦2𝑎𝑎] 𝐻𝐻𝑖𝑖 𝑤𝑤𝑖𝑖  [
𝑠𝑠1 𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
] 𝑛𝑛𝑖𝑖        (18)  
here 1𝑦𝑦1𝑎𝑎 and 1𝑦𝑦2𝑎𝑎 represents the received signals at the 
first ti e in first and second antenna respectively, hile 2𝑦𝑦1𝑎𝑎 
and 2𝑦𝑦2𝑎𝑎 represents the received signals at the second ti e in 
first and second antenna respectively: 
1st ti e 
1𝑦𝑦1𝑎𝑎 [ℎ𝑖𝑖
(1,1)   ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1
𝑠𝑠2] 𝑛𝑛𝑖𝑖          (19) 
 
1𝑦𝑦2𝑎𝑎 [ℎ𝑖𝑖
(2,1)   ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1
𝑠𝑠2] 𝑛𝑛𝑖𝑖          (20) 
 
2nd ti e 
2𝑦𝑦1𝑎𝑎 [ℎ𝑖𝑖
(1,1)   ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠2∗
   𝑠𝑠1∗
] 𝑛𝑛𝑖𝑖       (21) 
 
2𝑦𝑦2𝑎𝑎 [ℎ𝑖𝑖
(2,1)   ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠2∗
   𝑠𝑠1∗
] 𝑛𝑛𝑖𝑖       (22) 
then: 
 
1𝑦𝑦1𝑎𝑎   𝑠𝑠1   𝑠𝑠2 𝑛𝑛𝑖𝑖,     2𝑦𝑦1𝑎𝑎   𝑠𝑠1∗   𝑠𝑠2∗ 𝑛𝑛𝑖𝑖     (23) 
 
1𝑦𝑦2𝑎𝑎   𝑠𝑠1  P 𝑠𝑠2 𝑛𝑛𝑖𝑖,     2𝑦𝑦2𝑎𝑎  P 𝑠𝑠1∗   𝑠𝑠2∗  𝑛𝑛𝑖𝑖     (24) 
 
here , ,  and P represents the ultiplication of channel 
by precoding of each antenna. 
To find 𝑠𝑠1 and 𝑠𝑠2, e assu e that SI at the obile stations is 
available. Then ultiplying the received signals by the 
er itian transpose of the SI atrix and using axi u  
Likelihood ( L) concepts: 
 
?̂?𝑠1
𝐶𝐶∗ 1𝑦𝑦1𝑎𝑎   𝑄𝑄∗1𝑦𝑦2𝑎𝑎   𝑆𝑆 2𝑦𝑦1𝑎𝑎∗   𝑃𝑃  2𝑦𝑦2𝑎𝑎∗




𝑆𝑆∗ 1𝑦𝑦1𝑎𝑎   𝑃𝑃∗ 1𝑦𝑦2𝑎𝑎   𝐶𝐶 2𝑦𝑦1𝑎𝑎∗  𝑄𝑄 2𝑦𝑦2𝑎𝑎∗
𝐶𝐶∗𝐶𝐶    𝑄𝑄∗𝑄𝑄    𝑆𝑆∗𝑆𝑆    𝑃𝑃∗𝑃𝑃          (26) 
here ?̂?𝑠𝑢𝑢  denote noisy version of 𝑠𝑠𝑢𝑢. 
 
I. SI L TI  ES LTS  E L TI  
In the present ork, the signal-to-noise ratio (S ) in 
co parison to the E  undergoes assess ent as a precoding 
 
distribution with a variance of 𝜎𝜎2 and mean of q or Rician 
distribution when K increases as: 𝑞𝑞 = √ 𝐾𝐾𝐾𝐾+1 , 𝜎𝜎 = √
1
𝐾𝐾+1 .  
Therefore, in this work, channel matrix of the MIMO system 
described as [25]: 
𝐻𝐻 = √ 𝐾𝐾𝐾𝐾 + 1 𝐻𝐻𝑑𝑑 + √
1
𝐾𝐾 + 1   𝐻𝐻𝑟𝑟                   (11) 
where 𝐻𝐻𝑑𝑑  representing the component of the normalized 
deterministic channel matrix, while  𝐻𝐻𝑟𝑟 representing the 
component of random channel matrix, with || 𝐻𝐻𝑑𝑑 ||2 = 𝑁𝑁𝑇𝑇 𝑀𝑀, 
E{ |[𝐻𝐻𝑟𝑟]𝑖𝑖,𝑗𝑗|2}= 1, 𝑖𝑖 = 1: 𝑁𝑁𝑇𝑇, 𝑗𝑗 = 1: 𝑀𝑀 [25]. While 𝐾𝐾 is known 
as factor of the Rician channel which is the relation between 
the component of the specular power 𝑐𝑐2 and the component of 








2𝜎𝜎2                     (12) 
 
V. BLOCK DIAGONALIZATION PRECODING 
 
Block Diagonalization precoding (BD) method is 
compatible with the multiple users, every user has multiple 
antennas. By the precoding process of this method, the 
interference signal which is coming from other user signals 
will be canceled. Therefore, MU-MIMO channel model will 
be converted into multiple independent single user MIMO 
channels model by BD method [10]. 
Briefly, definition of BD precoding matrix starts from the 
channel of all users except ith user as: 
 
𝐻𝐻𝑖𝑖 = [𝐻𝐻1 …  𝐻𝐻𝑖𝑖−1  𝐻𝐻𝑖𝑖+1 … 𝐻𝐻𝑈𝑈 ]𝑇𝑇                     (13) 
 
where 𝐻𝐻𝑖𝑖 is H with out Hi , then we should compute the null 
space ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛  of all users except ith user by singular value 
decomposition (SVD) to 𝐻𝐻𝑖𝑖:  
  
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖 =  𝑈𝑈𝑖𝑖 ?̃?𝛬 [ ?̃?𝑉𝑖𝑖𝑏𝑏  ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                     (14)  
 
where (. )𝐻𝐻 denotes Hermitian transposition. To prevent other 
users interference multiplies  𝐻𝐻𝑖𝑖  by ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 , and then uses SVD 
again: 
 
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 =  𝑈𝑈𝑖𝑖 𝛬𝛬 [ 𝑉𝑉𝑖𝑖𝑏𝑏  𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                (15)  
where 𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 is the null space of ith user, while 𝑉𝑉𝑖𝑖𝑏𝑏 is the beam 
of ith user. Therefore, we can get the precoding matrix 𝑤𝑤𝑖𝑖  for 
ith user from ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 and 𝑉𝑉𝑖𝑖𝑏𝑏 under the condition 𝑁𝑁𝑇𝑇 ≤ 𝑀𝑀 as: 
 
𝑤𝑤𝑖𝑖 = [?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 𝑉𝑉𝑖𝑖𝑏𝑏 ]                                 (16)   
 
Now under the condition 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 = 0, we substitute (16) into 
(10), we can obtain:  
 
𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 0 + 𝑛𝑛𝑖𝑖                             (17)    
 
where 𝑦𝑦𝑖𝑖 represents the received signal which is consisted of 
the required signal of ith user and noise without multiuser 
interference. Note that 𝑥𝑥𝑖𝑖 is Alamouti space-time coding. 
Therefore, 𝑦𝑦𝑖𝑖  is represented by 1𝑦𝑦1𝑎𝑎  , 1𝑦𝑦2𝑎𝑎 , 2𝑦𝑦1𝑎𝑎 and 2𝑦𝑦2𝑎𝑎: 
[1𝑦𝑦1𝑎𝑎 2𝑦𝑦1𝑎𝑎1𝑦𝑦2𝑎𝑎  2𝑦𝑦2𝑎𝑎] = 𝐻𝐻𝑖𝑖 𝑤𝑤𝑖𝑖  [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖        (18)  
where 1𝑦𝑦1𝑎𝑎 and 1𝑦𝑦2𝑎𝑎 represents the received signals at the 
first time in first and second antenna respectively, while 2𝑦𝑦1𝑎𝑎 
and 2𝑦𝑦2𝑎𝑎 represents the received signals at the second time in 
first and second antenna respectively: 
1st time 
1𝑦𝑦1𝑎𝑎 = [ℎ𝑖𝑖
(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1
𝑠𝑠2] + 𝑛𝑛𝑖𝑖          (19) 
 
1𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1




(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (21) 
 
2𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (22) 
then: 
 
1𝑦𝑦1𝑎𝑎 = C 𝑠𝑠1 + D 𝑠𝑠2 +𝑛𝑛𝑖𝑖,     2𝑦𝑦1𝑎𝑎 = D 𝑠𝑠1∗ − C 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (23) 
 
1𝑦𝑦2𝑎𝑎 = Q 𝑠𝑠1 + P 𝑠𝑠2 + 𝑛𝑛𝑖𝑖,     2𝑦𝑦2𝑎𝑎 = P 𝑠𝑠1∗ − Q 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (24) 
 
where C, D, Q and P represents the multiplication of channel 
by precoding of each antenna. 
To find 𝑠𝑠1 and 𝑠𝑠2, we assume that CSI at the mobile stations is 
available. Then multiplying the received signals by the 
Hermitian transpose of the CSI matrix and using Maximum 
Likelihood (ML) concepts: 
 
?̂?𝑠1 =
𝐶𝐶∗ 1𝑦𝑦1𝑎𝑎  +  𝑄𝑄∗1𝑦𝑦2𝑎𝑎  +  𝑆𝑆 2𝑦𝑦1𝑎𝑎∗  +  𝑃𝑃  2𝑦𝑦2𝑎𝑎∗




𝑆𝑆∗ 1𝑦𝑦1𝑎𝑎  +  𝑃𝑃∗ 1𝑦𝑦2𝑎𝑎 −   𝐶𝐶 2𝑦𝑦1𝑎𝑎∗ −  𝑄𝑄 2𝑦𝑦2𝑎𝑎∗
𝐶𝐶∗𝐶𝐶  +   𝑄𝑄∗𝑄𝑄  +   𝑆𝑆∗𝑆𝑆  +   𝑃𝑃∗𝑃𝑃          (26) 
where ?̂?𝑠𝑢𝑢  denote noisy version of 𝑠𝑠𝑢𝑢. 
 
VI. SIMULATION RESULTS AND EVALUATION 
In the present work, the signal-to-noise ratio (SNR) in 
comparison to the BER undergoes assessment as a precoding 
 
efficiency scale. A common MU-MIMO scheme was 
completed in mind of predicting the performance of the MU-
MIMO beamforming precoding suggestion, alongside with the 
Alamouti STBC scheme over a Rician fading channel in 
contrast to the same scheme in the case of a Rayleigh fading 
channel. The parameter samples have been devised up to 
10,000, encompassing elements created as zero-mean in the 
case of the Rayleigh fading channel, whereas for the Rician 
fading channel, there was the m-mean and unit-variance 
independently and identically distributed (i.i.d) complex 
Gaussian random variables. Notably, the M antennas of BS 
transmitted the signal across all users over the noise and flat 
fading channel, while each user employed Nu antennas to 
receive the signal. There was the application of a QPSK signal 
constellation as a form of broadcast modulation across all 
instances of simulation, with the findings then undergoing 
averaging through the implementation of different channel 
investigations. For all receivers, the noise variance per 
receiver antenna should be equal, 𝜎𝜎12 = . . . = 𝜎𝜎𝐾𝐾2 = 𝜎𝜎2. The 




Typical values and simulation parameters 
 
Parameters Definition 
Channel type Rayleigh and Rician 
Number of users ( U  ) 2, 3 
Number of antenna for BS ( M  ) 4, 6, 9 
Number of antenna for each user ( Ni ) 2, 3 
Rician channel factor ( K ) 5, 10, 15 
 
 
Fig. 3.  A MU-MIMO system over Rayleigh channel, U = 2 and 
Ni=2. 
 
As can be seen in Fig. 3, in the scenario of classical BD 
beamforming precoding scheme, system performance 
demonstrates improvement, albeit in a gradual but continuous 
pattern, with SNR values showing increases. While in the case 
of combined BD beamforming with Alamouti STBC, 
significant improvement could be seen at any value of SNR.  
In other words, the combined scheme enjoys better 
performance than the classical BD beamforming precoding 
scheme. This is because we use both BD beamforming and 
Alamouti STBC: for multiuser interference, we use the 
advantage of BD beamforming; for fading channel, we use the 
advantage of STBC. 
 
 
Fig. 4. A combined scheme over Rayleigh channel for different 
scenarios 
 
Fig. 4 demonstrates the performance of the combined BD 
beamforming with Alamouti STBC scheme with different 
value of  𝑁𝑁𝑖𝑖  and U. In the first scenario, each user has two 
receives antennas (𝑁𝑁𝑖𝑖 = 2), two cases are investigated: two 
users system with 4 transmit antennas at the BS; and 3 users 
system with 6 transmit antennas at BS. The second scenario 
has the extended Alamouti STBC scheme when each user has 
three receives antennas (𝑁𝑁𝑖𝑖 = 3), two cases are investigated: 
two users system with 6 transmit antennas at the BS; and 3 
users system with 9 transmit antennas at BS. In Fig. 4, it is 
shown that the two user system achieves almost the same 
performance with a 3-user system in first scenario, which is 
consistent with our analysis in BD beamforming and Alamouti 
STBC. The downlink precoder completely eliminates 
multiuser interference at each mobile, and full spatial diversity 
is achieved by Alamouti codes. Similarly, in the second 
scenario, the two user system achieves the same performance 
with a 3-user system. In the second scenario higher diversity 
gain greatly improves the BER performance, as compared to 
the performance of the first scenario. Figs. 5 and 6 further 
show that in the LoS environment (over a correlated realistic 
Rician fading channel) the performance of combined system is 
greater when contrasted alongside the performance of the 







Fig. 2  Extended Alamouti Scheme for 3x3. 
III.  MU-MIMO BEAMFORMING SYSTEM MODEL 
In MU-MIMO system we have considered an 
environment of 𝑈𝑈 geographically sparse mobile stations as 
multi-user (MU) communicates with the MIMO base station 
(BS) which has 𝑀𝑀 antennas. In such a system environment, 
each mobile station is independent and employing Nu 
antennas of user 𝑢𝑢. These users will receive their own signal, 
as shown in Fig.1 (block diagram of 2 users). The total 
number of users’ antennas is defined as; 
 
𝑁𝑁𝑇𝑇 =  ∑ 𝑁𝑁𝑢𝑢
𝑈𝑈
𝑢𝑢
                                         (3) 
 
Also, this system has an operation condition which is 𝑁𝑁𝑇𝑇= 𝑀𝑀 
with the independent channels of flat fading. The meant 
message signal for the 𝑢𝑢th user is the scalar 𝑆𝑆𝑢𝑢. Thereby, the 
transmitted symbol vector to 𝑈𝑈 users is: 
 
 𝑆𝑆𝑇𝑇 = [𝑠𝑠1, . . . , 𝑠𝑠𝑢𝑢, . . . , 𝑠𝑠𝑈𝑈 ]𝑇𝑇                             (4) 
 
It should be mentioned that  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  2.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for two 
transmit antennas and  𝑆𝑆𝑢𝑢 = 𝑆𝑆𝐴𝐴  3.𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎𝑎  for three transmit 
antennas. In the second step, we denote to precoding matrix 
step as: 
 
𝑊𝑊 = [𝑤𝑤1, . . . , 𝑤𝑤𝑢𝑢, . . . , 𝑤𝑤𝑈𝑈 ]                            (5) 
 
where  𝑤𝑤𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 is the joint beamforming coefficients for 
𝑢𝑢th user. Then the transmitted symbol vector is multiplied by 
the precoding matrix as third step to produce the precoding 
data as: 
 
𝑋𝑋 = ∑ 𝑤𝑤𝑢𝑢𝑠𝑠𝑢𝑢
𝑈𝑈
𝑢𝑢=1
= 𝑊𝑊𝑆𝑆                               (6) 
 
The symbol su and the coefficients of beamforming precoding 
𝑤𝑤𝑢𝑢 will be normalized as follows:  
 
E|𝑠𝑠𝑢𝑢|2 = 1, ‖𝑤𝑤𝑢𝑢‖2 = 1 
for u={1, …, U}. 
 
In the broadcast step, we assumed that signals WS ∈ 
𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥𝑥𝑥 are broadcasted over the channels denoted as: 
 
𝐻𝐻 = [𝐻𝐻1𝑇𝑇 , … , 𝐻𝐻𝑢𝑢𝑇𝑇, … , 𝐻𝐻𝑈𝑈𝑇𝑇]𝑇𝑇                               (7) 
 
where 𝐻𝐻𝑢𝑢∈𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥describes the channel coefficients between 








]                              (8) 
 
where ℎ𝑢𝑢(𝑎𝑎,𝑚𝑚) denotes the channel matrix ingredient, which is 
located between the mth transmitter array antenna of base 
station and the nth receiver array antenna of uth user.   
Thus, at users’ antennas the received signals are:   
 
𝑦𝑦 = [𝑦𝑦1𝑇𝑇, … , 𝑦𝑦𝑢𝑢𝑇𝑇, … , 𝑦𝑦𝑈𝑈𝑇𝑇]𝑇𝑇 =H WS + n                        (9) 
 
where 𝑦𝑦𝑢𝑢 ∈ 𝐶𝐶𝑁𝑁𝑢𝑢 𝑥𝑥 𝑥𝑥 is representing the signal which is 
received at uth recipient, whilst for the additive noise is 
denoted by n. When we have given careful consideration to 
each user separately, we will find the received signal at an ith 
recipient as: 










 𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 𝐻𝐻𝑖𝑖 ∑ 𝑥𝑥𝑢𝑢 + 𝑛𝑛𝑖𝑖
𝑈𝑈
𝑢𝑢=1,𝑢𝑢≠𝑖𝑖
                        (10) 
 
where 𝑥𝑥𝑖𝑖 is precoding data of ith user and 𝑥𝑥𝑢𝑢 is precoding data 
of other users as interference for uth user. The 𝐻𝐻𝑖𝑖  vector has 
complex Gaussian variable components with unit-variance and 
zero-mean. Moreover, the components of the additive noise 𝑛𝑛𝑖𝑖 
have distribution as 𝑁𝑁(0,𝜎𝜎𝑖𝑖2) and are temporarily white. 
 
IV. DOWNLINK CHANNEL MODEL     
Due to LoS propagation the strongest propagation component 
of MIMO channel corresponds to deterministic component 
(also referred to as specular components). On the other hand, 
all the other components are random components (due to 
NLoS also referred to as scattering components) [10]. The 
broadcast channel distribution has been following the 
Rayleigh channel distribution, which is Gaussian distribution 
with a variance of 𝜎𝜎2 and zero mean. That means there is no 
component of LoS (K= 0): 𝜎𝜎 = √ 1𝐾𝐾+1. On the other hand, 
when there is any component of LoS (For K > 0) the broadcast 




 𝑠𝑠1  −𝑠𝑠2   −𝑠𝑠3  −𝑠𝑠4  −𝑠𝑠1∗      𝑠𝑠2∗  𝑠𝑠3∗    𝑠𝑠4∗
 𝑠𝑠2     𝑠𝑠1       𝑠𝑠4  −𝑠𝑠3     𝑠𝑠2∗      𝑠𝑠1∗  𝑠𝑠4∗    𝑠𝑠3∗





 [𝑠𝑠1    𝑠𝑠2   𝑠𝑠3   𝑠𝑠4] 
 
distribution with a variance of 𝜎𝜎2 and mean of q or Rician 
distribution when K increases as: 𝑞𝑞 = √ 𝐾𝐾𝐾𝐾+1 , 𝜎𝜎 = √
1
𝐾𝐾+1 .  
Therefore, in this work, channel matrix of the MIMO system 
described as [25]: 
𝐻𝐻 = √ 𝐾𝐾𝐾𝐾 + 1 𝐻𝐻𝑑𝑑 + √
1
𝐾𝐾 + 1   𝐻𝐻𝑟𝑟                   (11) 
wh e 𝐻𝐻𝑑𝑑  represe ting the compon nt of the normalized 
deterministic channel matrix, while  𝐻𝐻𝑟𝑟 representing the 
component of random channel matrix, with || 𝐻𝐻𝑑𝑑 ||2 = 𝑁𝑁𝑇𝑇 𝑀𝑀, 
E{ |[𝐻𝐻𝑟𝑟]𝑖𝑖,𝑗𝑗|2}= 1, 𝑖𝑖 = 1: 𝑁𝑁𝑇𝑇, 𝑗𝑗 = 1: 𝑀𝑀 [25]. While 𝐾𝐾 is known 
as factor f the Rician channel which is the r lation between 
the component of the specul r power 𝑐𝑐2 and the component of 








2𝜎𝜎2                     (12) 
 
V. BLOCK DIAGONALIZATION PRECODING 
 
Block Diagonalization precoding (BD) method is 
compatible with the multiple users, every user has multipl  
a tennas. By the precoding process of this method, the 
interference signal which is coming from other user signals 
will be canceled. Therefor , MU-MIMO channel model will 
be converte  into multiple independent single user MIMO 
channels model by BD method [10]. 
Briefly, definition of BD precoding matrix starts from the 
channel of all users except ith user as: 
 
𝐻𝐻𝑖𝑖 = [𝐻𝐻1 …  𝐻𝐻𝑖𝑖−1  𝐻𝐻𝑖𝑖+1 … 𝐻𝐻𝑈𝑈 ]𝑇𝑇                     (13) 
 
where 𝐻𝐻𝑖𝑖 is H with out Hi , then we should compute the null 
space ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛  of all users except ith user by singular value 
decomposition (SVD) to 𝐻𝐻𝑖𝑖:  
  
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖 =  𝑈𝑈𝑖𝑖 ?̃?𝛬 [ ?̃?𝑉𝑖𝑖𝑏𝑏  ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                     (14)  
 
where (. )𝐻𝐻 denotes Hermitian transposition. To prevent other 
users interference multiplies  𝐻𝐻𝑖𝑖  by ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 , and then uses SVD 
again: 
 
𝑆𝑆𝑉𝑉𝑆𝑆 𝑜𝑜𝑜𝑜 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 =  𝑈𝑈𝑖𝑖 𝛬𝛬 [ 𝑉𝑉𝑖𝑖𝑏𝑏  𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 ]𝐻𝐻                (15)  
where 𝑉𝑉𝑖𝑖𝑛𝑛𝑛𝑛 is the null space of ith user, while 𝑉𝑉𝑖𝑖𝑏𝑏 is the beam 
of ith user. Therefore, we can get the precoding matrix 𝑤𝑤𝑖𝑖  for 
ith user from ?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 and 𝑉𝑉𝑖𝑖𝑏𝑏 under the condition 𝑁𝑁𝑇𝑇 ≤ 𝑀𝑀 as: 
 
𝑤𝑤𝑖𝑖 = [?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 𝑉𝑉𝑖𝑖𝑏𝑏 ]                                 (16)   
 
Now under the condition 𝐻𝐻𝑖𝑖?̃?𝑉𝑖𝑖𝑛𝑛𝑛𝑛 = 0, we substitute (16) into 
(10), we can obtain:  
 
𝑦𝑦𝑖𝑖 = 𝐻𝐻𝑖𝑖𝑥𝑥𝑖𝑖 + 0 + 𝑛𝑛𝑖𝑖                             (17)    
 
whe  𝑦𝑦𝑖𝑖 represents the received signal which is consisted of 
the r quired signal of ith user and noise without multiuser 
int rference. Note that 𝑥𝑥𝑖𝑖 is Alamouti space-time coding. 
Therefore, 𝑦𝑦𝑖𝑖  is represented by 1𝑦𝑦1𝑎𝑎  , 1𝑦𝑦2𝑎𝑎 , 2𝑦𝑦1𝑎𝑎 and 2𝑦𝑦2𝑎𝑎: 
[ 𝑦𝑦1𝑎𝑎 𝑦𝑦1𝑎𝑎1𝑦𝑦2𝑎𝑎  2𝑦𝑦2𝑎𝑎] = 𝐻𝐻𝑖𝑖 𝑤𝑤𝑖𝑖  [
𝑠𝑠1 −𝑠𝑠2∗
𝑠𝑠2    𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖        (18)  
where 1𝑦𝑦1𝑎𝑎 and 1𝑦𝑦2𝑎𝑎 represents the rec ived signals at the 
first time in fir t and s cond antenna re pectively, while 2𝑦𝑦1𝑎𝑎 
and 2𝑦𝑦2𝑎𝑎 represe ts the ceived signals at the second time in 
first and second antenna respectively: 
1st time 
1𝑦𝑦1𝑎𝑎 = [ℎ𝑖𝑖
(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1
𝑠𝑠2] + 𝑛𝑛𝑖𝑖          (19) 
 
1𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
𝑠𝑠1




(1,1) …  ℎ𝑖𝑖
(1,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (21) 
 
2𝑦𝑦2𝑎𝑎 = [ℎ𝑖𝑖
(2,1) …  ℎ𝑖𝑖
(2,𝑀𝑀)] 𝑤𝑤𝑖𝑖  [
−𝑠𝑠2∗
   𝑠𝑠1∗
] + 𝑛𝑛𝑖𝑖       (22) 
then: 
 
1𝑦𝑦1𝑎𝑎 = C 𝑠𝑠1 + D 𝑠𝑠2 +𝑛𝑛𝑖𝑖,     2𝑦𝑦1𝑎𝑎 = D 𝑠𝑠1∗ − C 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (23) 
 
1𝑦𝑦2𝑎𝑎 = Q 𝑠𝑠1 + P 𝑠𝑠2 + 𝑛𝑛𝑖𝑖,     2𝑦𝑦2𝑎𝑎 = P 𝑠𝑠1∗ − Q 𝑠𝑠2∗ + 𝑛𝑛𝑖𝑖     (24) 
 
wher  C, D, Q and P represents the multiplication of channel 
by precoding of each antenna. 
To find 𝑠𝑠1 and 𝑠𝑠2, we assume that CSI at the mobile stations is 
available. Then multiplying the receive  signals by the 
Hermitian transpose of the CSI matrix and using Maximum 
Likelihood (ML) concepts: 
 
?̂?𝑠1 =
𝐶𝐶∗ 1𝑦𝑦1𝑎𝑎  +  𝑄𝑄∗1𝑦𝑦2𝑎𝑎  +  𝑆𝑆 2𝑦𝑦1𝑎𝑎∗  +  𝑃𝑃  2𝑦𝑦2𝑎𝑎∗




𝑆𝑆∗ 1𝑦𝑦1𝑎𝑎  +  𝑃𝑃∗ 1𝑦𝑦2𝑎𝑎 −   𝐶𝐶 2𝑦𝑦1𝑎𝑎∗ −  𝑄𝑄 2𝑦𝑦2𝑎𝑎∗
𝐶𝐶∗𝐶𝐶  +   𝑄𝑄∗𝑄𝑄  +   𝑆𝑆∗𝑆𝑆  +   𝑃𝑃∗𝑃𝑃          (26) 
where ?̂?𝑠𝑢𝑢  denote noisy version of 𝑠𝑠𝑢𝑢. 
 
VI. SIMULATION RESULTS AND EVALUATION 
In the present work, the signal-to-nois  r tio (SNR) in 
comparison to the BER undergoes assessment as a precoding 
𝜎𝜎
𝑞𝑞 𝐾𝐾𝐾𝐾 𝜎𝜎 𝐾𝐾
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efficiency scale. A common MU-MIMO scheme was 
completed in mind of predicting the performance of the MU-
MIMO beamforming precoding suggestion, alongside with the 
Alamouti STBC scheme over a Rician fading channel in 
contrast to the same scheme in the case of a Rayleigh fading 
channel. The parameter samples have been devised up to 
10,000, encompassing elements created as zero-mean in the 
case of the Rayleigh fading channel, whereas for the Rician 
fading channel, there was the m-mean and unit-variance 
independently and identically distributed (i.i.d) complex 
Gaussian random variables. Notably, the M antennas of BS 
transmitted the signal across all users over the noise and flat 
fading channel, while each user employed Nu antennas to 
receive the signal. There was the application of a QPSK signal 
constellation as a form of broadcast modulation across all 
instances of simulation, with the findings then undergoing 
averaging through the implementation of different channel 
investigations. For all receivers, the noise variance per 
receiver antenna should be equal, 𝜎𝜎12 = . . . = 𝜎𝜎𝐾𝐾2 = 𝜎𝜎2. The 




Typical values and simulation parameters 
 
Parameters Definition 
Channel type Rayleigh and Rician 
Number of users ( U  ) 2, 3 
Number of antenna for BS ( M  ) 4, 6, 9 
Number of antenna for each user ( Ni ) 2, 3 
Rician channel factor ( K ) 5, 10, 15 
 
 
Fig. 3.  A MU-MIMO system over Rayleigh channel, U = 2 and 
Ni=2. 
 
As can be seen in Fig. 3, in the scenario of classical BD 
beamforming precoding scheme, system performance 
demonstrates improvement, albeit in a gradual but continuous 
pattern, with SNR values showing increases. While in the case 
of combined BD beamforming with Alamouti STBC, 
significant improvement could be seen at any value of SNR.  
In other words, the combined scheme enjoys better 
performance than the classical BD beamforming precoding 
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STBC. The downlink precoder completely eliminates 
multiuser interference at each mobile, and full spatial diversity 
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As can be seen in Fig. 3, in the scenario of classical BD 
beamforming precoding scheme, system performance 
demonstrates improvement, albeit in a gradual but continuous 
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of combined BD beamforming with Alamouti STBC, 
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STBC. The downlink precoder completely eliminates 
multiuser interference at each mobile, and full spatial diversity 
is achieved by Alamouti codes. Similarly, in the second 
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gain greatly improves the BER performance, as compared to 
the performance of the first scenario. Figs. 5 and 6 further 
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As can be seen in Fig. 3, in the scenario of classical BD 
beamforming precoding scheme, system performance 
demonstrates improvement, albeit in a gradual but continuous 
pattern, with SNR values showing increases. While in the case 
of combined BD beamforming with Alamouti STBC, 
significant improvement could be seen at any value of SNR.  
In other words, the combined scheme enjoys better 
performance than the classical BD beamforming precoding 
scheme. This is because we use both BD beamforming and 
Alamouti STBC: for multiuser interference, we use the 
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receive the signal. There was the application of a QPSK signal 
constellation as a form of broadcast modulation across all 
i stances of simulation, with the findings then undergoing 
averaging through the implementation of different channel 
inv stigations. For all receivers, the noise variance per 
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As can be seen in Fig. 3, in the scenario of classical BD 
beamformi g recoding scheme, system performance 
demonstrates imp ovement, albeit in a gradual but co tinuous 
patt n, with SNR values showing increases. While in the case 
of co bined BD be mforming with Alamouti STBC, 
significant improvement could be seen at any value of SNR.  
In other words, the combined scheme enjoys better 
performance than the classical BD beamforming precoding 
scheme. This is because we use both BD beamforming and 
Alamouti STBC: for multiuser interference, we use the 
advantage of BD beamfor ing; for fading channel, we use the 
advantage of STBC. 
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Fig. 4 demonstrates the performance of the combined BD 
beamforming with Alamouti STBC scheme with different 
value of  𝑁𝑁𝑖𝑖  and U. In the first scenario, each user has two 
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As can be seen in Fig. 3, in the scenario of classical BD 
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of combined BD beamforming with Alamouti STBC, 
significant improvement could be seen at any value of SNR.  
In other words, the combined scheme enjoys better 
performance than the classical BD beamforming precoding 
scheme. This is because we use both BD beamforming and 
Alam uti STBC: for mult user interference, we use the 
advantage of BD beamforming; for fading channel, we use the 
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Fig. 4. A combined scheme over Rayleigh channel for different 
scenarios 
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As can be seen in Fig. 3, in the scenario of classical BD 
be forming prec ding scheme, system p rformanc  
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of combined BD beamforming wit  Alamouti STBC, 
significant improvement could be seen at any value of SNR.  
In other words, the combined scheme enjoys better 
performance than the classical BD beamforming precoding 
scheme. This is because we use both BD beamforming and 
Alamouti STBC: for multiuser interference, we use the 
advantage of BD beamforming; for fading channel, we use the 
advantage of STBC. 
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Fig. 4 demonstrates the perform ce of the combined BD
beamforming with Al mouti STBC scheme with different
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with a 3-user system. In the second scenario higher diversity 
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the performance of the first scenario. Figs. 5 and 6 further 
show that in the LoS environme t (over a correlated realistic 
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Fig. 3.  A MU-MIMO system ov r Rayleigh channel, U = 2 and 
Ni=2. 
 
As can be seen in Fig. 3, in the scenario of classical BD 
beamforming pr oding sch me, system perf rmance
d monstrates im ovement, alb it  a gradual but co tinuous
patter , with SNR v lues sh wing i creases. While in the cas
of omb ned D b amf rming with Alamouti TBC,
significant improvement could be seen at any v lue of SNR.  
In other wo ds, the combined scheme enjoys better 
perf rmance than the classical BD beamformi g precoding
scheme. This is because we use both BD beamforming a d 
Alamouti STBC: for multiuser interference, we use the
advantage of BD beamforming; for fading channel, we use 
t   STBC. 
 
Fig. 4. A combined scheme over Rayleigh channel for different 
scenarios 
 
Fig. 4 demonstrates the performance of the combined BD
beamforming wi h Alamouti STBC scheme with different
value f  𝑁𝑁𝑖𝑖  and U. In the f rst scenario, each user has two
receives ntennas (𝑁𝑁𝑖𝑖 = 2), two ses are investigated:
users system i 4 transmit antennas at he BS; and 3 user
sy tem with 6 transmit ante nas at BS. T  second scenario
ha  the ex ende  Alamouti STBC scheme when each u r ha
three rece ves antennas (𝑁𝑁𝑖𝑖 = 3), two cases are investigated:
wo us r  sy tem with 6 transmit antennas at the BS; n  3
us rs yst m ith 9 tr n mi  ntenna at BS. In Fig. 4, it is
show that t t  user sy te  achi almost the same
perform nce with a 3-us r system in first scenari , which is
consistent with our analys s in D beamfor ing Alamouti
STBC. The downlink precoder completely eliminates
multiuser i terfere ce at ach m bile, and full spatial div rsity
is chi ved by Al mouti codes. Similarly, in the s cond
scenario, the two user system achieves the ame performance
with a 3-us r system. In the se ond scenario high  diversity
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the pe formance f the first scenario. Figs. 5 and 6 further
s ow that in th  LoS envi onment ( ver a correlated realistic 
Rician f di g channel) the perform nce of combined system s
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value of Rician’s factor has the ability to decrease error rate. 
To better understand the behavior of the combined scheme, 
the BER is plotted with different values of K to show and 
compare the two cases of first scenario in Fig. 5 and the two 
cases of second scenario in Fig. 6. 
 
Fig.5  A MU-MIMO system employed BD precoding with Alamouti STBC in 
the LoS and NLoS environment with Ni=2. 
 
The traditional combined beamforming with STBC have 
sensitive BER performance depending on the coefficient of 
the channel (K). This sensitivity of the system is also increased 
by increasing the value of SNR. 
 
 
Fig. 6  A MU-MIMO system employed BD precoding with extended 
Alamouti STBC in the LoS and NLoS environment with Ni=3.  
 
In other words, unfortunately, the desired power of the 
signal reception will be reduced because the BD algorithm 
spends some of power as leakage power, which is represented 
as the interference power and it does completely cancel after 
the transmission. Therefore, the system over wireless channel 
will suffer from low desired power of the received signal, 
impact of fading channel and noise factors. For the system 
over Rayleigh fading channel (K< 0), the number of users does 
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provided. It can be seen, when reviewing the simulation 
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BER performance is better than only BD precoding 
performance, because BD beamforming precoding achieves 
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efficiency scale. A common MU-MIMO scheme was 
completed in mind of predicting the performance of the MU-
MIMO beamforming precoding suggestion, alongside with the 
Alamouti STBC scheme over a Rician fading channel in 
contrast to the same scheme in the case of a Rayleigh fading 
channel. The parameter samples have been devised up to 
10,000, encompassing elements created as zero-mean in the 
case of the Rayleigh fading channel, whereas for the Rician 
fading channel, there was the m-mean and unit-variance 
independently and identically distributed (i.i.d) complex 
Gaussian random variables. Notably, the M antennas of BS 
transmitted the signal across all users over the noise and flat 
fading channel, while each user employed Nu antennas to 
receive the signal. There was the application of a QPSK signal 
constellation as a form of broadcast modulation across all 
instances of simulation, with the findings then undergoing 
averaging through the implementation of different channel 
investigations. For all receivers, the noise variance per 
receiver antenna should be equal, 𝜎𝜎12 = . . . = 𝜎𝜎𝐾𝐾2 = 𝜎𝜎2. The 




Typical values and simulation parameters 
 
Parameters Definition 
Channel type Rayleigh and Rician 
Number of users ( U  ) 2, 3 
Number of antenna for BS ( M  ) 4, 6, 9 
Number of antenna for each user ( Ni ) 2, 3 
Rician channel factor ( K ) 5, 10, 15 
 
 
Fig. 3.  A MU-MIMO system over Rayleigh channel, U = 2 and 
Ni=2. 
 
As can be seen in Fig. 3, in the scenario of classical BD 
beamforming precoding scheme, system performance 
demonstrates improvement, albeit in a gradual but continuous 
pattern, with SNR values showing increases. While in the case 
of combined BD beamforming with Alamouti STBC, 
significant improvement could be seen at any value of SNR.  
In other words, the combined scheme enjoys better 
performance than the classical BD beamforming precoding 
scheme. This is because we use both BD beamforming and 
Alamouti STBC: for multiuser interference, we use the 
advantage of BD beamforming; for fading channel, we use the 
advantage of STBC. 
 
 
Fig. 4. A combined scheme over Rayleigh channel for different 
scenarios 
 
Fig. 4 demonstrates the performance of the combined BD 
beamforming with Alamouti STBC scheme with different 
value of  𝑁𝑁𝑖𝑖  and U. In the first scenario, each user has two 
receives antennas (𝑁𝑁𝑖𝑖 = 2), two cases are investigated: two 
users system with 4 transmit antennas at the BS; and 3 users 
system with 6 transmit antennas at BS. The second scenario 
has the extended Alamouti STBC scheme when each user has 
three receives antennas (𝑁𝑁𝑖𝑖 = 3), two cases are investigated: 
two users system with 6 transmit antennas at the BS; and 3 
users system with 9 transmit antennas at BS. In Fig. 4, it is 
shown that the two user system achieves almost the same 
performance with a 3-user system in first scenario, which is 
consistent with our analysis in BD beamforming and Alamouti 
STBC. The downlink precoder completely eliminates 
multiuser interference at each mobile, and full spatial diversity 
is achieved by Alamouti codes. Similarly, in the second 
scenario, the two user system achieves the same performance 
with a 3-user system. In the second scenario higher diversity 
gain greatly improves the BER performance, as compared to 
the performance of the first scenario. Figs. 5 and 6 further 
show that in the LoS environment (over a correlated realistic 
Rician fading channel) the performance of combined system is 
greater when contrasted alongside the performance of the 
NLoS (over a Rayleigh fading channel) setting. The high 
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Abstract— Underwater Acoustic (UWA) communication is 
mainly characterized by bandwidth limited complex UWA 
channels. Orthogonal Frequency Division Multiplexing (OFDM) 
solves the bandwidth problem and an efficient channel estimation 
scheme estimates the channel parameters. Iterative channel 
estimation refines the channel estimation by reducing the number 
of pilots and coupling the channel estimator with channel 
decoder. This paper proposes an iterative receiver for OFDM 
UWA communication, based on a novel cost function threshold 
driven soft decision feedback iterative channel estimation 
technique. The receiver exploits orthogonal matching pursuit 
(OMP) channel estimation and low density parity check (LDPC) 
coding techniques after comparing different channel estimation 
and coding schemes. The performance of the proposed receiver is 
verified by simulations as well as sea experiments. Furthermore, 
the proposed iterative receiver is compared with other non-
iterative and soft decision feedback iterative receivers. 
 
Index Terms— Channel Estimation, Equalization, Iterative 
Receiver, OFDM, Underwater Communication.  
I. INTRODUCTION 
NDERWATER Acoustic (UWA)  communication is 
challenging because of the extremely limited bandwidth, 
slow speed of sound, multipath, delay spread, signal 
attenuation and ambient noise.  The UWA channel makes it 
different from terrestrial communication. . Inter-symbol 
interference (ISI) and Inter-carrier interference (ICI) are 
introduced into the transmitted signal by the channel.  Channel 
estimation estimates the channel parameters and equalization 
removes the effects of the channel on the received signal [1]. 
The role of channel estimation is of prime importance in 
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designing any communication model.  Different channel 
estimation schemes were applied to OFDM UWA 
communication depending upon the requirement of the model 
[2]. Many such scheme are summarized and compared with 
each other in our review article previously [3]. Least Square 
(LS) is one of commonly used channel estimation scheme, 
where pilot tones are used for channel estimation [4]. In this 
case many subcarriers need to be assigned to pilot subcarriers 
and therefore the data rate is affected. To increase the 
efficiency, many iterative/adaptive channel estimation 
schemes were introduced and were proved to be more efficient 
as it reduces the number of pilots [5, 6]. Furthermore the 
performance of the iterative channel estimation depends on the 
type of decision feedback used; feedback methods like hard 
decision and soft decision feedback methods were introduced 
[7, 8]. Compressed sensing based channel estimation was 
introduced for sparse channels where a dictionary was used to 
formulate the channel coefficient vector [9]. Orthogonal 
Matching Pursuit is one such algorithm widely used for 
OFDM UWA communication [10]. 
Channel coding adds some redundancy in the useful bits in 
order to protect the data in noisy channel. Trellis Coded 
Modulation (TCM), convolutional codes, Reed Solomon (RS) 
codes, turbo codes, Space time trellis codes and low density 
parity check codes (LDPC) are the commonly used coding 
schemes used for UWA communication. LDPC code is 
preferred for noisy channels as its check matrix is sparse and 
the threshold can be set very near to Shannon capacity limit 
[11].  
In this paper we propose an iterative receiver which exploits 
cost function based soft decision feedback orthogonal 
matching pursuit (OMP) channel estimation and LDPC coding 
/decoding schemes. The performance of the receiver is 
analyzed via simulations as well as experiments. The 
performance of the proposed receiver is compared with non-
iterative and others soft and hard decision feedback iterative 
receivers. Furthermore in the experimental analysis, different 
combinations of channel estimation techniques and coding 
techniques are compared using the proposed feedback method. 
The rest of the paper is organized as: section 2 gives the 
system model, section 3 proposes the receiver design and 
explains cost function based soft decision feedback method, 
the OMP channel estimation for UWA communication and 
LDPC coding scheme. Section 4 gives the results including 
Cost Function based Soft Feedback Iterative 
Channel Estimation in OFDM Underwater 
Acoustic Communication 
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